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Abstract. Protean Signatures (PS), recently introduced by Krenn et al. (CANS’18), allow a semi-trusted third
party (the sanitizer), to modify a signed message in a controlled way: the signer can define message parts to be
arbitrarily editable by the sanitizer, as well as message parts which can be redacted (but not altered otherwise)
by the sanitizer. Thus, PSs generalize both redactable signatures (RS) and sanitizable signatures (SS) into a single
notion.

Invisibility for protean signatures guarantees that no outsider (i.e., any party not being signer or sanitizer) can
decide which message parts can be edited. However, the current definition of invisibility does not prohibit that
an outsider can decide which parts are redactable — only which parts can be edited are hidden. This negatively
impacts on the privacy guarantees provided by this definition.

We extend PSs to be fully invisible. Our notion guarantees that an outsider can neither identify editable nor
redactable parts. We therefore introduce the new notions of Invisible RSs and Invisible Non-Accountable SSs
(SS’), along with a consolidated framework for aggregate signatures. Using those building blocks, our resulting
construction is significantly more efficient than the original scheme by Krenn et al., which we demonstrate in a
prototypical implementation.

1 Introduction

By definition, (plain) digital signatures prohibit any kind of modification of signed messages. That is, only the
holder of the secret signing key skyx can sign messages [1]. Still, there are a plethora of application scenarios
where a later modification of signed messages by a (semi-trusted) third party has its merits [2], e.g., in the
following use-case, based on the handling of patient data [3,4,5,6]:

Assume that a M.D. always signs complete patient records. Further assume that each of those records
consists of the patient’s name, its insurance number and the treatments given. After the patient is released
from the hospital, the responsible accountant receives the complete signed record corresponding to the to-be-
released patient to be able to write a bill to the patient’s insurance company.

It is easy to see that this process is not very privacy-friendly from the patient’s point of view, as the
accountant receives all information related to patient. However, most of the information is not relevant for
writing the bill, e.g., the patient’s name. Thus, a solution is to only give the treatments and the insurance
number to the accountant, anonymizing the paperwork. The major obstacle is that standard digital signatures
prohibit any alterations, and thus the M.D. either needs to re-sign the document, or an additional trusted
entity does need to sign on behalf of the M.D. Both solutions are not satisfactory, as both induce additional
overhead, one might even be impossible, e.g., if the M.D. is no longer employed. We conclude that modifying
signed messages in a controlled way does have its merits.

Motivation and Contribution. Strictly speaking, the above application scenario only requires that parts
of a signed message can be redacted without invalidating the signature, which is achieved by redactable
signatures (RS) [7,8]. Yet, also editing, but not redacting, parts of a message has many use-cases, including
secure routing, document sanitization, and outsourcing of computation, cf. [2], which can be achieved using
sanitizable signatures (SS) [3].
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Bilzhause et al. [2] asked whether SSs and RSs could be combined, enabling signatures which allow for
editing and redacting blocks at the same time. This question was answered by Krenn et al. by introducing
“protean signatures” (PS) [4], which allow subsequent editing and redacting simultaneously. They provide a
formal security model, a provably secure construction, and present first implementation results.

However, their definition of invisibility only guarantees that an outsider cannot decide which parts of a
message are editable, but not which are redactable. This negatively impacts on the privacy guarantees their
construction provides. Moreover, their corresponding implementation shows that their construction cannot
be considered practically efficient.

We extend their work in the following areas: (i) As our main contribution we introduce a stronger invis-
ibility definition for PSs. In more detail, in our definition, an outsider can neither decide which parts of a
message are redactable nor which parts are editable. (i) To show that our strengthened definition is actually
achievable, we provide an altered (black-box) construction of a PS, derived from the original one by Krenn et
al. [4]. (i) We provide a new framework for aggregate signatures [9], which may be useful in other contexts
as well. Namely, we introduce the new notions of strict aggregate uniqueness, a black-box “no-extraction”
notion, and explicitly allow for de-aggregation. (iv) Our construction makes use of two new primitives which
we also introduce: An invisible designated redactor RS, and a non-accountable invisible SS’. In an invisible
designated redactor RS, only a signer-chosen semi-trusted third party can redact, while an outsider cannot
decide which parts are redactable. Likewise, non-accountable invisible SS’s behave as standard invisible SSs,
but do not offer any form of accountability. This allows for a far more efficient instantiation. For both new
notions, we provide formal frameworks, formal security models, and provably secure instantiations. (v) We
have implemented our scheme in a prototypical way. Using our new primitives, the resulting construction is
an order of magnitude more efficient than the one given by Krenn et al. [4], and can be considered really prac-
tical. (vi) Finally, on a very technical level, we provide a slightly stronger definition of invisibility for standard
sanitizable signatures, where the adversary is now able to query arbitrary messages to the sanitization oracle
instead of only honestly generated ones.

Related Work. Signatures allowing for subsequent alterations received a lot of attention in the recent past,
as it became apparent that there are many application scenarios where signed messages need to be modified
in a controlled way [10,2,11,12]. This weakens the standard unforgeability definition, where the messages
protected by signatures cannot be altered at all, which is clearly not avoidable, if one wants to allow for
modifications or derivations.

From our perspective, existing work can be grouped into three, not always distinct, directions. The first
direction are homomorphic signatures [10,13,7,14], and some other closely related concepts [15,16]. Homomor-
phic signatures take several (signed) messages as input and can be used to compute functions on authenticated
data-sets. In such schemes, an entity not holding any secrets can derive a new (valid) signature o’ on f(m),
where the function f is public.

Related are RSs, where anyone (i.e., no secrets are required) can publish a subset of signed data, along
with a new signature o’. To illustrate this, let m = (I, do, not, like, fish) along with a valid redactable signa-
ture o. Anyone can then derive a signature o’ on m’ = (I, like, fish), i.e., redact the second and third block
m? = do and m? = not, if both blocks are marked as redactable. The original ideas of RSs [7,8] were later
formalized [17,18], including adding new values after signature generation [19]. Then, RSs have been extended
to allow for additional use-cases, including adding accountability [20], discussing their relation to SSs [21],
allowing for redactable structure [22], prohibiting additional redactions [23,24,25,26], yet also defining depen-
dencies between different parts of a message [5]. Moreover, there are also some real-world implementations
of this primitive proving that they are practical [27,6]. All these approaches (but accountability) have later
been unified into a generalized framework by Derler et al. [28]. We stress that the work by Izu et al. [24]
addresses the case of “sanitizable and deletable signatures”. However, they actually address the case of RSs
and not SSs. In particular, in their scheme, a third party can decide whether a redaction is visible or not,



but does not allow for any other alterations. We follow the nomenclature clarified by Bilzhause et al. [2], and
thus classify the work by Izu et al. [24] as an RS.

In contrast, SSs allow editing of signer-chosen blocks of signed messages by a semi-trusted entity named the
sanitizer [3]. In particular, the sanitizer holds its own secret key and can derive new messages, along with the
corresponding signatures, but cannot completely redact blocks. For example, if m = (I, do, not, like, fish) (and
m® is admissible, i.e., modifiable), then the sanitizer can, e.g., derive a new signature o’ on the message m’ =
(I, do, not, like, meat). Even though this seems to be off the limits, it turned out that this primitive has many
real-life application scenarios, see, e.g., Bilzhause et al. [2]. After the initial ideas by Ateniese et al. [3], SSs also
received a lot of attention in the recent past. Namely, the first thorough security model was given by Brzuska
et al. [29] (later revised by Gong et al. [30]), which was later extended for multiple signers/sanitizers [31,32],
unlinkability (which means a derived signatures cannot be linked to its original) [33,34,35,36], trapdoor SSs
(where a signer can choose additional sanitizers after signature generation) [37,38], non-interactive public-
accountability (an outsider can determine which party is accountable for a given valid message/signature
pair) [39], limiting the sanitizer to signer-chosen values [40,41,42], invisibility (meaning that an outsider cannot
derive which parts of a message are sanitizable) [43,44,45] and the case of strongly unforgeable signatures [46].
All these extensions allow for additional use-cases of this primitive [2].

Additional related work is given in some recent surveys [2,11,47]. We stress that a slightly altered SS can
be used to “mimic” an RS by defining a special symbol to which the specific block is sanitized to, which
then marks the block as “redacted”. However, as shown by de Meer et al. [21], this has a negative impact
on the privacy guarantees of the resulting scheme because the special symbol remains visible. For example,
m’ = (I, like, fish) is clearly different from m' = (I, L, 1, like, fish). We stress that our scheme supports both
possibilities, i.e., visible and non-visible (transparent) redactions, adding additional freedom.

2 Preliminaries and Notation

The security parameter is denoted by A € N. All algorithms implicitly take 1* as an additional input. We
write a < A(z) if a is assigned to the output of the deterministic algorithm A with input z. If an algorithm
A is probabilistic, we write a <+, A(x). If we want to make the random coins r used explicit, we write
a <, A(x;r). Otherwise, we assume that they are drawn internally. An algorithm is efficient if it runs in
probabilistic polynomial time (PPT) in the length of its input. For the remainder of this paper, all algorithms
are PPT if not explicitly mentioned otherwise. Most algorithms may return a special error symbol L ¢ {0, 1}*,
denoting an exception. If S is a set, we write a <, S to denote that a is chosen uniformly at random from S.
For a message m = (m!,m?, ... ,mem), m? is called a block and /,, € N denotes the number of blocks in m.
If m is clear from the context, it is dropped from /,,. To shorten notation, we use [a..b] (both a and b, b > a,
are always positive natural numbers) for the set {a,a +1,...,b}. A function v : N — R>¢ is negligible, if it
vanishes faster than every inverse polynomial, i.e., Vk € N, Ing € N such that v(n) < n=*, ¥n > ny.

2.1 Building Blocks
We now present our required building blocks. These include labeled IND-CCAZ2 secure public-key encryption

schemes (IT), sanitizable signature (SS), PRFs, and aggregate signatures (X).

Labeled Public-Key Encryption Schemes. A labeled public-key encryption scheme I1 allows to encrypt
a message m using a given public key pk;; and label ¢ € {0, 1}*. In a nutshell, the given ciphertext leaks no
information about the contained message, except its length, if the corresponding secret key skjz is not known:

Definition 1 (Labeled Public-Key Encryption). A labeled public-key encryption scheme II consists of
four algorithms {PPGen™ | KGen™  Enc!!, Dec’}, such that:



Exp'j}B}CCAZ(A):
pp;; < PPGen™ (1%)
(skrr, pkyp) <=+ KGen™ (ppy;)
b+, {0,1}
(mg, mi, 0%, statea) < APe" (Skﬂ"")(pkn)
If [ # [mi| v m ¢ MV mi ¢ M:
¢ L
Else:
¢* < Enc” (pky, my, 9")
a<$—r ADeCHI(SkH"")(stateA, c*)
where Dec™’(skz, -, ) behaves as Dec” (sk, -, -),
but returns L, if (¢*,¥*) is queried.
return 1, if a = b
return 0

(

Fig. 1: I IND-CCA2-Security

PPGen. This algorithm outputs the public parameters of the scheme:
ppyr < PPGen’l (1)
It is assumed that ppy is an tmplicit input to all other algorithms.

KGen''. On input PPy, this algorithm outputs the key pair:

(skrz, pkyr) < KGen' (pp ;)

Encl. On input the public key pkyz, a message m, and a label ¥ € {0,1}*, this algorithm outputs a ciphertext

c:
¢« Enc(pky7, m, 0)

Decl. On input skiz, ¥ and a ciphertext ¢, this deterministic algorithm outputs a message m or L:
m « Dec (skpz, ¢, )

IT IND-CCA2-Security. We need IND-CCA2-security (and perfect correctness) for our construction to work.
Note, M is some message space implicitly defined by pk;; and pp;;.

Definition 2 (IND-CCA2-Security). A labeled encryption scheme II is IND-CCA2-secure, if for any
PPT adversary A there exists a negligible function v such that:

Pr Exp%%’ccm(/\) = 1} <wv(A)
The corresponding experiment is depicted in Figure 1.

A suitable instantiation is CS-encryption with labels [48].

Aggregate Signatures. Standard digital signatures allow the holder of a secret key sky to sign a message
m, while with knowledge of the corresponding public key pky,, everyone can verify whether a given signature
was actually endorsed by the signer, i.e., the owner of pky [49]. An aggregate signature scheme (X') allows to
aggregate multiple signatures into a single (short) value [9].



As a side contribution, we introduce a new framework for aggregate signatures, where one can also de-
aggregate signatures, and a novel aggregate uniqueness definition. This was, to the best of our knowledge,
only considered in a white-box fashion in the context of BGLS-signatures [9], but was never formally defined
in a black-box way, or only in some ad-hoc fashion [50].

Definition 3 (Aggregate Signatures). An aggregate signature scheme X with explicit de-aggregation con-
sists of six algorithms {PPGenyx, KGeny, Signy., AVerf s, Aggs, DAggs} such that:

PPGeny. This algorithm outputs the public parameters:
PPx 1 PPGenE(l’\)

We assume that pps. contains 1* and is implicit input to all other algorithms.
KGenyx. On input ppx, this algorithm outputs the key pair of a signer:

(skx, pky) < KGenx(ppy)
Signy.. On input the secret key sky, and a message m, this algorithm outputs a signature:
o + Signy(sky, m)

AVerfs. On input a set {(pks.i,mi)} of public keys/messages and an aggregate signature o, this algorithm
outputs a decision bit d € {0,1}:
d <+ AVerfg({(kaJ‘, m,)}, 0)

Aggs. On input a set of key/message tuples with corresponding aggregated signatures Sigg = {{(pksx.i ;s
mi;)},0i}, where the sets {(pky i j,mi;)} are pair-wise disjoint, this algorithm outputs a new aggregate
signature o’ (or L if Sagg =0):

0" — Aggs({({(pks.ijrmi )}, 0i)})

We note that Boneh et al. require that each message appears at most once [9]. However, there are also
mitigation strategies [51,9].

DAggy.. On input a set {{(pkyx,ij, mij)}, 0:} of public key/message tuples, along with an aggregate signature
oi (protecting {(pksx. i, mij)}, being pair-wise disjoint), an additional set {(pky i, mk)} with aggregate
signature oy, this algorithm outputs an a new aggregate signature o’ for {(pks ik, mi) } \U;{(Pks i, mij)}:

o'+ DAggx({({(Pks,ij»mij)}s 00} { (Pks ks M) }, k)

Clearly, an aggregate signature may also protect a single message, i.e., degenerate to a “normal” signature.

Moreover, we require the usual correctness properties to hold. Namely, honestly generated signatures
verify, which must also be true for honestly generated aggregates. Likewise, honestly generated signatures
stemming from de-aggregation must also verify.

From a security perspective, we require existential unforgeability under chosen-message attacks (eUNF-
CMA), a strict form of uniqueness, correctness, and that a third party cannot remove signatures from an
aggregate, if it does not know the signatures for the messages to be removed. We now formally define each
of those properties.

Unforgeability requires that an adversary A cannot (except with negligible probability) come up with a
signature for a message m* for which the adversary did not see any signature before. As usual, the adversary
A can adaptively query for signatures on messages of its own choice.



Exp O )
pps < PPGens(1?)
(skz, pky) <= KGens(ppy;)
Q<0
({(pki, i)}, m”, o) ¢ ATEEC20 (pky)
where Sign'y,(skx,m):
Q<+ Qu{m}
return o < Signy(sks, m)
return 1, if AVerf o ({(pk], m;)} U {(pks,m")},0") =1 A m"* ¢ Q
return 0

Fig. 2: X Unforgeability

Expjnyi;yeness ()\)
pps; < PPGenxs(
({(pki,mi)},0%,0") <+ A(pps)
return 1, if AVerfg({( ml)} oc")=1A
AVerfg({( my) U'*)—l A o* #£ o
return 0

A

Fig.3: 2 Uniqueness

Definition 4 (X Unforgeability). We say a X' scheme is unforgeable, if for every PPT adversary A, there
exists a negligible function v such that:

Pr Expi{EF'CMA(A) = 1] <v(A)

The corresponding experiment is depicted in Figure 2.

Uniqueness for aggregate signatures requires that for each set {(pk;, m;)} at most one signature can be
found, even if all values can be adversarially generated. In contrast to Kuchta and Manulis [52], we require a
slightly different uniqueness notion, i.e., the complete signature must be unique, and not only some part of
it. Additionally, all values, but the public parameters, are explicitly generated by the adversary.

Definition 5 (X Uniqueness). We say a X' scheme is unique, if for every PPT adversary A, there exists
a negligible function v such that:

Pr Eprnlqueness()\) _ 1] < I/()\)
The corresponding experiment is depicted in Figure 3.

Remark 1. It should be obvious that uniqueness for aggregate signatures implies uniqueness for normal signa-
tures. However, the converse is not true by the following argument: Append a random bit for every generated
aggregate, and remove it before proceeding with the other algorithms, appending another random bit once
they are finished, if the resulting signature is an aggregate.

Our final definition requires that an adversary cannot de-aggregate signatures from an aggregate signa-
ture, if the adversary never saw a signature (or aggregate) for the messages for which it tries to remove the
signature from the aggregate. This resembles the k-element extraction assumption by Boneh et al. [9,53], but



for general aggregate signatures. To find out whether the adversary actually wins, we need to explicitly disre-
gard aggregates which the adversary could find using non-avoidable transitivity relationships and adversarial
signatures added “on top”. We therefore use the algorithm Closure which finds all “trivial” relations.

Algorithm 1: Algorithm Closure

Input: S = {(pk;,m:)}, D = {{(pk;,m;)}}
Output: D' = {{(pk,,mx)}}

11+0,I'«<0

2 D'+ DUS

3 do

4 T+ 7D

5 L+ |T|

6 foreach {(pk;,m;)} € T do

7 foreach {(pk,,, mm)} # {(pk;,mu)} € T do

s if {(pk,, 1)} © {(Pks )} then

0 L | D DU ({{ (Ko, )} { (ks m0)})
10 U+ |D'|

11 while [ # I’
12 return D’

Exp[\Ich%tract()\)
pps < PPGenx(1?)
M0
K+ 0
({(pki, i)}, o) 4o ANCTE(P2) SENS0) (pp )
where KGen'’s(ppy):
(ski, pk;) <= KGenz(pps)
K + K U (ski, pk;)
return pk;
where Sign’s, ({(pk;, mi)}):
return L, if 3¢ : (-, pk;) ¢ K
for all (pk;, m;), let o; < Sign s (ski, m;)
o' < Aggx({{(pk;, mi}, 04)})
M « Closure({(pk;, mi)}, M)
return o’
¢ {(pki,m) | (ok{, ) € K}
return 1, if AVerf s ({(pk},m{)},0") =1 A C¢ M
return 0

Fig.4: X Extraction Secure

Definition 6 (X No-Extraction). We say a X scheme provides no-extraction, if for every PPT adversary
A, there exists a negligible function v such that:

Pr Expﬁ?g’(tra‘:t()\) = 1] <v(A)

The corresponding experiment is depicted in Figure 4, where the algorithm Closure is given in Algorithm 1.



We additionally require that, regardless of the message m, each signature is of constant size. This can
easily be achieved by hashing the message m using a collision-resistant hash-function prior to signing. A
suitable instantiation is BGLS-signatures [9], if one can enforce distinct messages (what we do).

Definition 7 (Pseudo-Random Functions). A pseudo-random function PRF consists of two algorithms
{KGenpgf, Evalpre} such that:

KGenprg. On input A, this algorithm outputs a function key x € {0,1}*:
T KGenpRF(l/\)

Evalpre. On input a function key x and p € {0,1}*, this deterministic algorithm outputs p' € {0,1}*:
p’ « Evalpre(z,p)

Security. For security, it is required that PRF is actually pseudo-random.

EXpJPf,PRF()‘)

€T < KGenpRF(lk)

b+, {0,1}

f r FA

a , ARIeRe() (12

where oracle Evalpge(z, p):

return L, if p ¢ {0, 1}
if b =0, return Evalprr(z, p)

return f(p)
return 1, if a = b
return 0

Fig. 5: PRF Pseudo-Randomness

Definition 8 (PRF Pseudo-Randomness). A pseudo-random function PRF is called pseudo-random, if for
any PPT adversary A there exists a negligible function v such that:
1
PriExp/{Hre(A) = 1] - 5| v
The corresponding experiment is depicted in Figure 5, where Fy = {f : {0,1}* — {0,1}*} is the set of all
functions f mapping a value v € {0,1}* to another value v' € {0,1}.

Sanitizable Signatures. Subsequently, we restate the definitions of (standard) SSs [43,29,46]. To recap, a
SS allows a semi-trusted third party, named the sanitizer, to alter signer-chosen blocks to arbitrary bit-strings.
The sanitizer holds its own key-pair and can be held accountable, if it sanitizes a message.

The following framework is essentially the one given by Camenisch et al. [44], which is itself based on
existing work [29]. However, some additional notation is required beforehand. The variable AS contains the
set of indices of the modifiable blocks, as well as £, denoting the total number of blocks in the message m.
For example, let ASS = ({1,2,4},4). Then, m must contain four blocks (¢ = 4) and all but the third are
admissible. Note, ASS can be encoded in a length-invariant way by using a sequence of bits, e.g., (1,1,0,1)



sk3z, pkas,, m, A% = ({2},5) skam, PkSz, m, M = {(2, E)} pk3s, pkS,

Signer Input Sanitizer Input Verifier Input
; ;oS ————1__ Output: (6>, m’ Erwr— Output: d € {0,1
Signer Output: o | Sanitizer utput: (o7, m’) | Verifier P {0.1}

Fig.6: Example workflow of an SS. The message m is set to (H,A,L,L,O) and is sanitized m’ =
(H,E,L,L,0O)

ks|g7 pkfasna m, SS7 {(miagiss)} ks|g7 pk;sasna m, USS
Proof-Generation Input Judge Input
: Output: 7°° Output: d € {Sig®®,San*°, 1}
Signer Judge

Fig.7: Additional algorithms Proof>® and Judge®® for an accountable SS

for ASS = ({1,2 ;4},4). The variable MBS is a set containing pairs (4, m’ ) for those blocks that are modified,
meaning that m’ is replaced by m”. We use the shorthand notation m’ <~ M>3(m) to denote the result of
this replacement, while M>> < (m, ASS) means that M is a valid modification instruction w.r.t. m and
ASS. Likewise, we use ASS < m to denote that ASS is valid description of the admissible blocks w.r.t. m. An
example workflow is depicted in Figure 6 and Figure 7. Both are derived from Bilzhause et al. [2].

Definition 9 (Sanitizable Signatures). A sanitizable signature scheme SS consists of eight PPT algo-
rithms {PPGen>S, Gssé, KGSS , Sign>°, Verify>®, Sanit>>, Proof>>, Judge®®} such that:

PPGenSS. This algorithm generates the public parameters:
PPss < PPGen> (1)

We assume that ppss s implicitly input to all other algorithms.

KG?& On input ppss, this algorithm outputs a key pair of the signer:

(sksgs Pkag) <+ KGZa (PPss)

KG_ffaSn On input ppss, this algorithm outputs a key pair of the sanitizer:
SS SS
( ksan? pksan) r KGsan(ppSS)
Sign®S. On input of the public key pkssasn, ASS| g message m and sks,g, this algorithm outputs a signature o>°

o> — Signss(skSS kaS m ASS)

sig» Mfsan»

Verify>S. On input pk33, pk>> , message m, and a signature 0>°, this deterministic algorithm outputs a deci-
y put pk3a, PKoan ge m, g g P

sion d € {0,1}:
kSS

san?

d + Verify>> (pk3s, pkaan, m, 0°°)

Sanit®>S. On input sksan, pk33. message m, a signature o>, and ASS, this algorithm outputs a sanitized

SSr .

sig?
signature o

(m/, 0°%") <, Sanit> (k33| kaIg, , 0%, M>S)



Exp‘li‘n?ggeablllty ()\)
ppSS —r PPGenSS(lk)

( ks|g7 ka%) r KGslg(ppSS)

(Skfasm pksan) r KGSSQSH(F;ESS) S5, ss
« Sign>> (skZ,-,+5+),Sanit> (sky -,
(m USS ) r 'Apmofss<5|§_87 yese) (pk5|g7 pksan)

Vi € [1..q], let (pkZ,, Z7mz,AfS) and o3°
index the querles/ answers to/from Sign®®
Vi € [1..¢], let (pkSIg jymy,05°, M) and (mj,a]SS')
index the queries/answers to/ from Sanit>®
return 1, if Verlfyss(ka,g, pk3S m* o> ) =1 A
Vi € [1g) : (pkSS,,m*s 0%") 7é(pksan 0 M, 05%) A

V_] e [1 q] (pks|g7m*7ass*) ?é (kaIg J?mJaU]SS/)
return 0

Fig.8: SS Unforgeability

kSS SS

Proof>>. On mput skS,g, pk2s,, a message m, 0>, and a set of polynomially many additional signature/message

pairs {( o; ,mi)}, this algorithm outputs a proof w° to pinpoint the accountable party for a given signature:
S r PrOOfSS< k5|g7 pksSaSm SSa {(Uiss7 ml)})

SS

JudgeSS On input pks,g, pkfasm message m, 0>>, and a pTOOfﬂ'SS, this algorithm outputs a decision d € {SigPS

SanPS 1}:

d + Judge® (pk3s, pkSs, m, 0°°, 7°%)

Correctness was already specified by Brzuska et al. [29].

SSs Security Definitions. We now introduce the security properties required. These are the ones given by
Beck et al. [43], but altered for the used notation, already incorporating the strong definitions by Krenn et
al. [46], but a stronger notion of invisibility, where the adversary is now able to query arbitrary signatures to
the sanitization oracle. Moreover, we consider neither unlinkability nor non-interactive public-accountability,
as it depends on the context whether these properties are required [43,44]. However, non-interactive public-
accountability is easy to achieve, e.g., by signing the resulting signature again [39].

Unforgeability. This definition requires that an adversary A not having any secret keys is not able to produce
any new valid signature o* on a message m* which it has never seen, even if A has full oracle access.

Definition 10 (Unforgeability). An SS is unforgeable, if for any PPT adversary A there exists a negligible
function v such that: -
PrExplE=" () = 1] <v(),

where the corresponding experiment is defined in Figure 8.

Immutability. This definition prohibits that an adversary A can generate a verifying signature ¢>>* for a
message m™ not derivable from the signatures given by an honest signer, even if it can generate the sanitizer’s
key pair.

Definition 11 (Immutability). An SS is immutable, if for any PPT adversary A there exists a negligible
function v such that: N
PrExpgs™™™ (\) = 1] < v()),

where the corresponding experiment is defined in Figure 9.



Expxwzgtablllty()\)
ppSS — PPGen>*(1 ’\)

( k5|g7 kaé) o KGSlg(ppSS) ss
(m ,O'SS*, Pkfasn*) . ASlgn (skSIg7 ,+5+),Proof (skﬂgm‘»' ')(kaIg)

Vi € [1..q], let (pkSS, i, mi, AS)
index the queries to Sign®®
return 1, if Verlfyss( k5|g, pkfasn*,m*,ass*) =1A
Vi€ [1g) s (kS # kS, v
m* ¢ {M(m;) | M with M>(A$%) = 1})

return 0

Fig.9: SS Immutability

Expl{e’ (V)
PPss ¢ PPGenSS(lA)
(Sk§é7 %) < KGSIg(ppSS)
(Skgasna pksan) <_T KGsan(ppSS)

b+, {0,1}
ASlgnSS(sks|g, 2 )s Samtss(skSan7 ytat) k kSS
a<r Proofss(sks syesmye)sLORSaN (-, skSS skSS, b)( sigr P san)

where LoRSan(mo,ml,Mo ,M ASS sk3gs Skamm, b):
return L, if ME® £ (mg, ASS) Vv MSS £ (m1, ASS) v
MG® (1mo) z MSS( 1) VA Lmg v AY £my
JSS A Sign ( k5|g7 pkssasm vaSS)
return (m/, 0°%') <, Sanit>(sk33,, pk3S
return 1, if a = b

return 0

SS SS
sig? mp, 0 7Mb )

Fig.10: SS Privacy

Privacy. This definition prohibits that an adversary A can learn anything about sanitized parts. This is
similar to the definition of standard encryption schemes.

Definition 12 (Privacy). An SS is private, if for any PPT adversary A there exists a negligible function
v such that: _
PrExpfee” (V)] - 1/2| < v(A),

where the corresponding experiment is defined in Figure 10.

Transparency. This definition prohibits that an adversary A does not learn whether a signature o>° was

generated through SignSS or Sanit>>. We stress that the adversary cannot query signatures obtained by the
Sign/Sanit-oracle to the Proof>>-oracle to avoid trivial attacks.

Definition 13 (Transparency). An SS is transparent, if for any PPT adversary A there exists a negligible
function v such that:

Pr[Exp 2e”"*"Y (\)] - 1/2] < v()),

where the corresponding experiment is defined in Figure 11.



Exp 3™ "(\)
PPss PPGenSS( )

(Skssév %) r KGSlg(ppSS)
(Skssasm Pksan) r KGsan(ppSS)
b+ {0,1}
Q < @ SS SS
Sign>> (skZz,+55+),Sanit™ (skosn,+5 755
as—=r F’rgf>of53(3’(ssli5Ig7 ,), ), Slgrf/Sanlt( ) ,>sks|g,skssasn b)(pks'g’ pksan)
where Proof®’(skgg, m, O’SS {(ml, 03%) | i € N}):

return L, if pk33/ = pkSS

san san

(m,0%) € Q v Qﬂ{(muafs)} #0)
return Proofss( ks,g,pkssfn',m o° 7{(mzaai )

where Sign/Samt(m M, A% sk3s, skam):

SS Sign ( kfé, ksan,m %)
(m',6%") «, Sanit> (sk, kaIg, , 0%, M%)
ifb=1:
o>, Signss(skssé, pkSS m/, ASS)

If 6> £ 1, set Q@+ QU {(m/,c%%")}
return (m/, 0>%)

return 1, if a = b

return 0

Fig.11: SS Transparency

SigAccountabili
EXpAg,Sé:co nta ty(>\)
PPsg < PPGenSS(l’\)
(skean, Pk <=+ KGZ2 (PPss) .
( kz:*77TSS*7m O_SS*) ASanlt (skgan>™s>"s )( SS)
Vi € [L.g], let (m”ass’) and (m;, M5®, 0%, kaZ,z‘)
index the answers/ querles from/to Sanit®s

return 1, if Verifyss(pkfiz*7 pkSS m* o> =1 A
Vie[l.gl:(p kgz*am USS*) 7 (pk5|g ’HmeISS/) A
Judge‘c’s(pksIg 7pksan,m o>, S'S*) San®®

return 0

Fig.12: SS Signer-Accountability

Signer-Accountability. Signer-accountability prohibits that an adversary can generate a bogus proof that
makes Judge>® decide that the sanitizer is responsible for a given signature/message pair (m*, c>>*), but the
sanitizer has never generated this pair. This is even true, if the adversary can generate the signer’s key pair.

Definition 14 (Signer-Accountability). An SS is signer-accountable, if for any PPT adversary A there
exists a negligible function v such that:

Pr[EXpi{’ggAsccountability(/\) _ 1] < V()\) :
where the corresponding experiment is defined in Figure 12.

Sanitizer-Accountability. Sanitizer-accountability prohibits that an adversary can generate a bogus signa-
ture/message pair (m*, o5%*) that makes Proof>> output a (honestly generated) generated proof 735 which



SanAccountability
Exp}ss (M)

PPss <—r PPGenSS(lA)

(skSz, Pkag) ¢+ KGS3(PPss)
(m*7 O’SS*, kaS *) “, ASig”SS(SkfiZ»'M')sPrOOfSS(Skzz,-,',w)(kaS)

san sig

Vi € [1..q], let (pkS ;,my, A®) and o3°

san %3
index the queries/answers to/from Sign®®

7% ¢, Proof®® (sksig, pkS> *, m*, 0%, {(mi, 03°) | 0 < i < q})

san

return 1, if Verifyss(pks-z, kaS * m*,ass*) =1A

Si, san

Vi € [1.q] : Pk, m*, o) # (pkSs, i, mi, 05%) A

Judge®® (pky, pkSs,*, m”, %%, 7°°) = Sig™
return 0

Fig. 13: SS Sanitizer-Accountability

points to the signer, but (m*, 0>°*) has never been generated by the signer. This is even true, if the adversary

can generate the sanitizer’s key pair.

Definition 15 (Sanitizer-Accountability). An SS is sanitizer-accountable, if for any PPT adversary A
there exists a negligible function v such that:

Pr[EXpiagéccountability()\) _ 1] < I/()\) ’
where the corresponding experiment is defined in Figure 13.

Invisibility. Depending on the context, an additional privacy guarantee may be required. In particular,
invisibility prohibits that an outsider holding no secret keys can decide which parts of a message m are
sanitizable. Note, the signing oracle can be simulated using the LoORADM oracle and setting ASS = A%S. The
notation A3 N A3S means that only those indices are admissible which are admissible in A3> and A3S.

We stress, however, that we introduce a slightly stronger variant than discussed in prior work [43]; Namely,
we allow that the adversary can query any signature to Sanit>%’ , and not only the ones generated honestly. In
particular, now only if the signature was created by one of the oracles, we enforce the restriction ASS N A%S.
We stress, however, that all strongly invisible constructions proposed so far are also unforgeable, and thus
such a signature can never be generated by the adversary.

Definition 16 (Invisibility). An SS is invisible, if for any PPT adversary A there exists a negligible func-
tion v such that: o
Pr[Expjea ™ (\)] — 1/2| < v())

where the corresponding experiment is defined in Figure 14.

3 Invisible Redactable Signatures

We now introduce the new notion of invisible redactable signatures. In contrast to standard RSs [28], such
schemes hide which parts of a message can be redacted from outsiders. As in standard RSs anyone can redact
— and one can thus trivially decide which blocks are redactable — we need to introduce a “designated
redactor”, which is the only party able to decide this question. Thus, the designated redactor is the sanitizer
in an RS. This is related to already existing definitions, but in a different context [54,20]. However, before we
start defining and constructing our invisible RS, we need to settle some additional notation.



Explyee" (A)
PPss < PPGenSS(l’\)
(sk3y, Pk32) =+ KGZ; (PPss)

(skSS,, pkS) < KGSS,(ppas)

b« {0,1}
Q10
:.SS7 SS ... SS7 SS ... SS ...
a4, ASanlt (Skgans7s7s*5"),Proof (skSlg7 Sty ),LoRADM(skSIg ,,,,, b)(Pksséy Pkgasn)

where LORADM (sksig, pkZs,’, m, AZ®, AT®, b):
return L, if ASS A mAAY £Am
return L, if pk3S # pk3/ A A # AT
0°° « Sign®®(skdg, pkSy,’, m, A7°)
if pk2/ = pk3>  let Q + QU {(m, ™%, AF° N AT®)}
return o

where Sanit>’ (pk33', sk, m, M>® 5°%):
return L, if pkfég’ = pk3e A 3(m, 0%°,A%) € Q: M £ (m, A%)
(m',0%%) Sanitss(pkgz/,skffn, m, M3, 0%%)
if pky’ = pkgp A I(m, 0>, A%') € Q: M < (m, A),

Q9+« QU {(m/,USS/,ASSI)}
return (m/, o)
return 1, if a = b

return 0
Fig. 14: SS Invisibility
skiiz, Pkl m, A" = ({2,3}) pkds. ski, M = {2,3} pkSs. PR,
Signer Input Redactor Input Verifier Input
@ Output: o°° Rodecter Output: (URS’, m’) Vevifior Output: d € {0,1}

Fig. 15: Example workflow of a designated redactor RS. The message m is set to (I, do, not, like, crypto).
After redacting, m’ is (I, like, crypto). As we only consider private RSs, the redacted parts are not visible.

Additional Notation. In the following, let m = (m',m?,...,m") be some message, while ARS C [1../] denotes

the admissible redactions, i.e., if i € ARS, then m’ can be redacted by the designated redactor. The variable
MRS C [1..4] denotes how a message m is to be modified, i.e., each block m?, i € MRS, is removed from m to
form the redacted message m'. In comparison to Derler et al. [28], however, we already define how those data-
structures look like for preciseness. Additionally, as done for SSs, we use the shorthand notation m’ « MRS (m)
to denote such a redaction. The notation MR® < (m, ARS) means that MRS is a valid modification instruction
w.r.t. m and ARS. Likewise, we use ARS < m to denote that ARS is valid description of the admissible blocks
w.r.t. m.
An example workflow is depicted in Figure 15, derived from the work done by Bilzhause et al. [2].

3.1 Framework

The following definitions for RSs are derived from Derler et al. [28], merged with the ideas given by Péhls and
Samelin [20], while also supporting parameter generation. Moreover, we do not consider additional “redaction
information” REDR®, as given by Derler et al. [28], as we have a designated redactor anyway.



Definition 17 (Invisible Redactable Signatures). An invisible redactable signature RS consists of the
following siz algorithms, i.e., {PPGenR> KGRS KGR> SignRS VerifyRS RedR®}, such that:

sig? san»

PPGenRS. The algorithm PPGenR® generates the public parameters:
PPRs < r PPGenRS(1%)

We assume that pprs s implicitly input to all other algorithms.

ng The algorithm KG5§ generates a key pair:

( k5|g7 Pksg) r KG;Ré(ppRS)

KGRS

san*

The algorithm KGRS generates a key pair:

( ksana Pkgi) r KGsRaSn(ppRS)

RS

SignRS. The algorithm SignRS outputs a signature o™ and some redaction information REDRS on input of

ks.g, pkR> ARS and a message m:

RS kRS

r Slgn ( k5|g? PKsan; 7ARS)
Note, it is assumed that ARS can always be derived.

VerifyRS. The determim’stic algorithm VerifyRS verifies a signature o
w.T.t. pks|g, pkRS and a message m:

RS, i.e., outputs a decision d € {0,1}

san’

kRS

san?

d + Verify®® (pk&2, pkite,, m, 0°°)

RS/

RedR>. The algorithm Red®> outputs a derived sz'gnature o' and a derived message m’, along with the new

admissible blocks ARS, on input of sksan, ka,g, a signature oR°, and some modification instruction MRS :
(O_RSI / ARS/) — RedRS( ksanapkggv RS,MRS)

Correctness. We also require that an RS is correct. We call an RS correct, if for all A € N, for all pprg
PPGenRS(l’\) for all (skB>, pkB), for all (skBS, pkRS), for all m, for all ARS ¢ {ARS" | ARS" <} for all oRS

sigs PKsig sans P san
—, Sign®(s k5|g? pkR> m, ARS) we have that VerifyR®(pk S,g, S pkRS m,oRS) = 1 and also for all MRS € {MRS' |

san? san’

MRS < (m, ARS)}, for all (oRS,m/, ARS") . RedR®(skR> pkRS m. oRS MRS) we have that VerifyRS(pkRS

san?’ p Slg7 sig?
ksRaSm RS/) =1

3.2 Security Requirements

We now introduce our security model for RSs. This is an extended version derived from Derler et al. [28],
which is, in turn, derived from Brzuska et al. [17]. Note, moreover, that we do not need accountability, as in
our construction accountability is given by the SS, much like P6hls and Samelin [20] and Bilzhause et al. [55].

Unforgeability. This definition requires that an adversary A cannot derive a message which is not derivable
from any signed messages. We stress that, even though the set [JL_, {MR>(m;) | MRS < (m;, AR®)} may grow
exponentially, membership is trivially to decide, i.e., in polynomial time.

Definition 18 (Unforgeability). An RS is unforgeable, if for any PPT adversary A there exists a negligible
function v such that: N
PrExplR™™" () = 1] < v())

where the corresponding experiment is defined in Figure 16.



Unforgeabili

Expre " (M)
PPRrs “r PPGenRS(l)‘)
(sk3z, PkGe) =+ KGE: (PPRs)

(Sksasm pks’in) r KGfasn(ppRS)

Q<+ 10
% RS SignRS’ (skRS,..,.),RedRS  (,skBS . ... RS _| RS
(m , 0 ) —r A (sksig ) ( )(pksig7 pksan)
. / /
where Sign™® (skfig, pkP> " m, ARS):

ot ., SignRS(skstg, kaS/ m, ARS)

san ?
if pkfasnl = pkR® et Q + QU {(c™ m)}
return of
and Red™’ (pkE', skB5, m, o, M)

¢ RS’ _ | RS RS/ RS/
if pkg, =pkgz A o' # L let Q<+ QU {(oc,m')}
return o’

return 1, if VerifyRS(pkgg, p

return 0

kRS

san7m*7URS*) =1A (JRS*7m*) ¢ Q

Fig. 16: RS Unforgeability

Exp!z\’n;gtability ()\)
PPgrs ¢« PPGen®®(1%)
Q0
(skgg, PkES) = KGR (ppgs)
(m*,URS*, pk*) . ASignRS(Skgg""")(pkg;)
where Sign®®(pk2> m, A®®)
Qlpkgn] = Qlpkan] U {M®(m) | MF® < (m, A®®)}
return 1, if VerifyRs(pkEZ7 pk*,m*,o®*) =1 A
m” ¢ Qlpk”]
return 0

Fig.17: RS Immutability

Immutability. This definition requires that an adversary A, which even can generate skSRasn, cannot derive a
message which is not derivable from any signed messages. We stress that, even though the set | J{_, {MR®(m;) |

MRS < (m;, ARS)} may grow exponentially, membership is trivially to decide, i.e., in polynomial time.

Definition 19 (Immutability). An RS is immutable, if for any PPT adversary A there exists a negligible

function v such that: .
Pr{ExpRs™"™ (V) = 1] < v()

where the corresponding experiment is defined in Figure 17.

Privacy. This definition prohibits that an adversary A can learn anything about redacted parts. This is
similar to the definition for SSs.

Definition 20 (Privacy). An RS is private, if for any PPT adversary A there exists a negligible function
v such that: .
PrExp e (V)] — 1/2| < v(\)

where the corresponding experiment is defined in Figure 18.



Exp;es’ (V)
PPRrs <r PPGenRS(l)‘)
(5k§§7 gS) r KG (ppRS)
(Sksam Pksan) r KGsan(ppRS)
b+ {0,1}

’7
ASlgnRS(sks|g,<, -),Red®’ (-,skBS .. ) LoRRed (skRS skRS .. ... .

sig »>Fsan >

kRS

a < ( k5|g7p san)

where LoRRed(mo,ml,Mo MRS ARS AR 1)
055 < Sign®S(skfe, pkfai,mo,ASS)
>+ Sign"®(skfy, pkiey, m1, AF)
(a{fs’,mo,ARS') < RedR® (kB3 pkRS, mMOS,M )
( RS/ ml,ARSI) “, RedRS(sksan, E m1,0'1 ,MRS)
return L, if my #m} Vv AR # ARgS/
return (mb, o
return 1, if a = b

return 0

Fig. 18: RS Privacy

Expld™” ()

PPrs < PPGen®®(1%)

(Skgg : R%) —r KG?gs(ppRs)

( ksam ksan) —r KGsan(ppRs)

b+, {0,1
{5' }RS kRS . .),RedRS’ (-,skRS . ..} Sign/Red KRS b

a . ASEN (Skig>).Red™ (iskgr oo, ) Sign/Red (- sk >(Pks.g

Where Sign/Red(m MRS ARS b):
S, Sign™(skES, pkES, m, ARS)

(m oS AR RedRS(skfaSmpk
if b=1:

RS ., Sign® (skf,z,
RS/

RS RS
S|g’ ’ M )

Pksan» /,ARS/)

return o
return 1, if a = b
return 0

Fig.19: RS Transparency

Transparency. This definition prohibits that an adversary A can decide whether a signature was generated
through Sign®° or Red®®.

Definition 21 (Transparency). An RS is transparent, if for any PPT adversary A there exists a negligible
function v such that:

PrExp | ReP™ "Y' (\)] - 1/2| < v(})

where the corresponding experiment is defined in Figure 19.

3.3 Invisibility of RSs

The new notion of invisibility prohibits that an adversary can decide which blocks of a message m are
redactable. This is formalized in the same fashion as done for SSs. Namely, the adversary gains access to



Exp!z\ji;isbility ()\)
PPRrs <r PPGenRS(lk)
(sk3g, PkGe) =+ KG®° (ppgs)

(sks, pkEn) < KGE3 (PPrs)

san

b+, {0,1}
Q0
RS/ RS SS
@ < ARES™S (K o0re) LORADM(skEG -, D) (pkRS, pkES )

where LORADM(sk3, pki’, m, AG>, AT®, b):
return L, if AR® Am A AR £m
return L, if pkRS £ pkR/ A ARS £ ARS
o . Sign®® (sksRig, pkRS’ m, AR®)

if pkRS/ = pkRS et Q «— QU {(m, "5, AR N AR®)}

return o

where Red®® (pk33/ skRS m, MRS, oR®):
return L, if pki.’ = pkie A 3(m, o™, AR) € Q: MP® £ (m, A%)
(m/’ O’RS/, ARSI) —, Red}%(kaS/7 Sk?asm m, MRS, O'RS)
if kaSl

B = kaS A 3(m7URS,AR§/) c Q . MRS =< (m,ARS/),
Q — QU {(ml,GRS/,ARS/)}

sig
return (m/, o)
return 1, ifa =b
return 0

Fig. 20: RS Invisibility

a LoRADM-oracle which either signs using Ags or A?S. To avoid trivial attacks, the adversary is limited to
redaction of ARS N ARS.

Definition 22 (Invisibility). An RS is invisible, if for any PPT adversary A there exists a negligible func-
tion v such that: o
PrExpj e (V)] — 1/2] < v()

where the corresponding experiment is defined in Figure 20.
Construction. Our construction borrows several ideas from existing ones [17,56,22]. In a nutshell, the main

idea is to sign each block (bound by some overall tag and some block-specific tag) and the relation between
each block (as they are symmetric, a “left-of-relation” is sufficient [17,22]).

3

”mle

Fig. 21: Visualization of the “left-of” relation.

In more detail, the signer holds a long-term key-pair for a X', while the sanitizer holds a key-pair for
II. For signing, the signer generates random tags for each block, and one additional random overall tag to
bind all signatures to a specific message. It then generates an ephemeral signature key pair. The next step is



generating a signature on the overall tag and all public keys using the long-term key. Then, the signer has to
generate a signature on each “left-of”-relation (See Figure 21 for a graphical explanation) of each block using
the overall tag and the two block-specific tags, again using the long-term keys. The ephemeral secret key and
each signature which should be redactable are then encrypted for the designated redactor. To avoid leaking
how many blocks are redactable, the plaintext is padded accordingly. Namely, at most ¢ + W; 1) signatures
are given to the adversary. Moreover, to prohibit tampering with the ciphertext, it is signed along with
the overall tag and all public keys using the ephemeral secret signing key. Finally, all generated signatures
are aggregated. Verification simply checks the aggregate signature on the values received. For redaction, the
designated redactor decrypts the ciphertext, re-generates the signature on the ciphertext and de-aggregates it.
For every block to be redacted, the designated redactor simply de-aggregates all related signatures. Finally,
it generates a new ciphertext with the remaining signatures, once more padded accordingly, signs it and
aggregates it.

PPGenRS(1*). Generate ppy < PPGen!’ (1*) and ppy - PPGenx (1*). Return (ppy7, pps)-

KGs|g(ppRS)‘ Generate (skx,pks) < KGenx(ppyx). Return (skx, pky).

KGRS (pprs)- Generate (skyz, pkyr) < KGen™ (ppr7). Return (skyz, pky)-
S|gnR5(skS|g,kaS m, ARS),

ons ). The algorithm proceeds as follows, where m = (m!,...,m?):

— Draw £+ 1 tags 7; < {0,1}* and generate a new 31gnature key pair (skx’, pky’) < KGenx (ppx).
— For i € [1..4], let m’® be the augmented block (m?, 7o, 7, kaIg, pkR> k).

— Sign 79 and all public keys, i.e., let o9 « Signx(sky, (70, kSIg,pksRai,pkE’)), and sign each augmented block, i.e., let o; <«

Sign 5;(skx, m’?). Finally, sign each “left-of” relation, i.e., for all i € [1..£], for all j < i let o; ; < Sign s (skx, (M, 75)).
— Encrypt the ephemeral secret key, all signatures related to the redactable blocks and some fake values to make the length of
the encryption constant. In particular, generate ¢ <, Encl (pky, (skx’, {0i}icarss 104,5 Ficars, t), (pks|g, pkRS pkyx’)), where ¢ is

a random string of length ¢ + Z(Z 1)

— |({oi};enrs U {0ij}icars| times the size of a single signature. This essentially makes the
ciphertext always the same size, regardless of ARS,
— Sign c using the ephemeral signature key, i.e., let o + Sign s (skx’, (¢, 70, pkSlg7 pksan, pkx’)).

— Aggregate all signatures generated, i.e., let 04 < Aggs(S1 U Sz U S3 U Sy), where S1 = {((pky, (70, kSIg,pk?asn,pkz’)),ao)}7

S2 = {((pks’, (¢, 70, KBS, PSS, Pk ")), 0e)}, S5 = {((Pks, m*), 00) Yieqn. ey Sa = {((Pk, (M, 7)), 04.5) Yier.a.jel..ai<i-
— Return (oq,c, pky’ s (Ti)iclo..0))-

VerlfyRS(kaIg,pkSam RSy, RS as (0a,c, pks’, (Ti)ic[o..¢))- Let m'" be the augmented block (m?, TO7T17pks|g7pksan?pkEl)' Return
AVerf (81 U 8o U 83 U S4,04), where S1 = {(pks, (10, k53, pkB5, pk )}, S2 = {(pks’, (¢, 70, pkEs, pkEs, pks'))}, Sz = {(pks,
m')}ien..o, Sa = {(Pks, (M, 7)) Yien. .0 je1..0,i<j

RedRS(skRS pkRS m, oRS MRS). Parse oRS as (04, ¢, pkys’, (Ti)ig[0..£,,,)) and proceed as follows:

Slg7
— If VerlfyRS(kaIg, pkRS m, oRS) #£ 1, return false. Let m’' < MRS (m).

— Let (SkE ’{GZ}ZGARSa{Ul,]}ZEARS: ) < Dec (Skiﬁ,c (Pks.ga Pksanﬂpkz‘/))'

— For each i, let m’* be the augmented block (m?, 1o, i, pk5|g, pkR® pks’). Likewise, for each i, let m/” be the augmented block (m'"?,

705 Ti, pkmg’ pksan? pkE )
— Let 0. « Signx(skx’, (¢, 10, kaIg, pksan, pkx’)).
— Update ARS to ARS’ by removing all indices in ME® and adjusting the remaining indices by reducing each i in ARS by |{j € MRS :
i}

- {D:—ag!g;regate the signatures for the cipher and the messages (and relations) to be removed, i.e., compute o), < DAggs((S1 US2 U
S3), (S84US5USsUST), 0a), where S1 = U{({(pkSg, m})}, 1)} senars s S2 = {({(pk ', (¢, 70, Py, PES, b5V}, 7))}, S5 = UL({(pks,
(m_/iﬂ_j)}’Ui,j))}ieMRsv]'eMRS, 4 = {(pk27(TO’pkgg’pksanvpkE N} S5 = {((pks’), (¢, 70, ks.g’Pkfasnkaz/))}, Se = U{((pkx),
m/l)}ie[l..lm]v S7 = U{((pk2)7 (mlz7 T]))}ze[l.lm],]E[l..ém] 1<j-

— Generate ¢ < Enc(pkRS, (skx',{oi}iearss» {0i,5 Fiearss t'), (P kSIg,pkfasn, pkyx')), where ¢’ is a random string of length £, +

Y/ //(4 1 —1)

m, o Parse o

|({Uz}zeAR5’ U{oi j}scars)| times the size of a single signature.

— Sign ¢, i.e., let ol < Signx(skx’, (¢, 70, kaIg, pksan, pkx’)).

- Aggregate o/, onto o), by calculating o/} + Agg2(81 U{({S2US3},0,)}), where m” .MRS(m) is of length ¢,,,,/, S1 = {({(pkx’,
(e, To7pks|g7pksan7pk2,)} o))} Se = U{(pk5|g7 ;N)}ie[l..ém/,]v and 83 = U{(Pks.gv( mzvTj))}ie[1.4Zm//],j€[1..ém,/],i<j'

— Return ((Ua N ka‘ ’ (Ti)iE[OA.Zm//])’ m//’ ARS/)'

Construction 1: Construction of an invisible RS




The proof of the following theorem is given in Appendix A.

Theorem 1. If I is correct and IND-CCAZ2 secure, while X is correct, unforgeable, unique and non-extractable,
then the construction of an RS, given in Construction 1, is correct, unforgeable, immutable, private, trans-
parent, and invisible.

4 Non-Accountable Invisible SS

In our construction of fully invisible PS (See Section 5), we use non-accountable, yet invisible and transparent,
SS. As accountability is one of the main concerns of SSs [3], this notion has, for obvious reasons, not been
considered before [4]. However, as we show, in certain contexts such a notion has its merits besides proving
implications [45].

Background. In a nutshell, a non-accountable invisible SS, from now on denoted by SS’, behaves as a standard
SS, but the algorithms Proof>® and Judge®® are simply set to L, i.e., effectively all algorithms related to
accountability are dropped, clearly also affecting the correctness definition [29]. This also means that an SS’
may still achieve all security notions, but sanitizer-accountability and signer-accountability. This is exactly
what our construction, given in Construction 2, achieves.

The reason for doing so is that accountability of the signatures can result from a different mechanism,
what is exactly what we do in our final construction using an accountable SS.

Construction. Our construction is given in Construction 2. The basic idea is that each block is signed using a
fresh ephemeral signature key. If a block is admissible, the corresponding secret key is given to the sanitizer.
This paradigm follows already existing ideas [45]. However, their scheme does not achieve transparency, while
ours is not accountable.

In more detail, the signer holds a long-term key-pair for a Y, while the sanitizer holds a key-pair for
II. At signing, the signer generates a fresh ephemeral key-pair for each block in the message m to sign. If
a block is admissible, the randomness used to generate those key-pairs is derived from a PRF to achieve a
smaller signature size. If a block is not admissible, fresh random coins are drawn. The secret key x for the
PRF is encrypted to the sanitizer. All ephemeral public keys and the resulting ciphertext are signed using the
long-term keys. For sanitizing, the sanitizer reconstructs the secret key = for the PRF and with it the signing
keys for each admissible block, and then simply signs the blocks to be sanitized.

It is easy to see that this construction is invisible and does not provide any form of accountability, while
we stress that we cannot avoid the encryption due to recent results [45]. Moreover, strictly speaking, our
construction is even transparent in the sense of Brzuska et al. [29], i.e., the proof-restriction is not necessary.

We stress that we could also aggregate all signatures generated. However, to keep the description short,
we opted for not doing this.

The proof of the following theorem is found in Appendix B.

Theorem 2. If II is correct and IND-CCAZ2 secure, PRF pseudorandom and correct, while X is correct and
unforgeable, the construction of a SS’, given in Construction 2, is correct, unforgeable, immutable, private,
transparent, and invisible.

5 Fully Invisible Protean Signatures

We now present our framework for PSs, which is taken from Krenn et al. [4].

To recap, a PS allows to remove and alter signer-chosen parts of a signed message by a semi-trusted third
party, i.e., the sanitizer. The sanitizer can also be held accountable, if it chose to edit a signed message. For
the framework, we settle some additional notation, which is derived from the ones used for RSs and SSs, to
ease understanding.



PPGenSS(l)‘). Generate ppy < PPGen (1*) and pps; < PPGenx(1*). Return (ppyg, pps)-
Kng(ppss). Generate (skyx, pky;) < KGenx(ppy). Return (sky, pky).
KGSS (ppss). Generate (skyz, pkyp) < KGen™ (pp 7). Return (skyz, pkyp).

Sign® ( kslg’ pkssasn7 m, ASS). The algorithm proceeds as follows, where m = (m!, ..., m?):

— If ASS < m does not hold, return L.

— Draw x < KGenpgg(1?).

— For i € [1..4], if i € ASS.1, let r; < EvaIpRF(:c i) and r; < {0, 1})‘ otherwise. Set (sk;, pk;) < KGenx(pps;7i).
— Encrypt the seed and ASS, i.e., let ¢ +— Enc (pk33 | (2, ASS), (pksIg7 pk3S | (pk; L..e))-

— Sign the public keys, and the ciphertext, i.e., let o5 < Signx (skx, (p kslg’ pkssasn, (Pki)[1..00,€))-

— Sign each randomized block using each sk;, i.e., let o; < Sign s (sk;, ((pk;, m )[1 £]5C; Ts, pks|g, pksan))
— Return (C s, (pkzval)ze[l..é])

Verify>S (pk33 pk3S  m, 05%). Parse 035 as (¢, 0s, (pk;, UZ)LED_[]). If Verf 5 (p kssé, (p ks|g7 pk3S (Pki)[1..¢1,€); 0s) = 0, return 0. If, for all 4 € [1..4],

7p san?
sig
we have that Verf 5 (pk;, ((pk;, m?),c, 05, pksS.Zv pk32)),0;) = 1, return 1. Otherwise, return 0.

Sanit>S(sk33,, kaIg7 o33 M5S). The algorithm parses ¢°° as (c, o, (pk;, oi)ic[1..)) and proceeds as follows:
— If Verify>S(p kslg’ pkSS  m, 05%) # 1, return L.
— Let (2, ASS) « Dec’ (sk33,, c, (kaIg, pk3S | (Pk;)1..¢1))- If decryption fails, return L.
— For each i € ASS.1, let (sk/, pk}) ¢+ KGens(pps; Evalpre(z,1)).
— If M55\ ASS.1 # ), return L.
— For each (i,m’’) € M5, let o} « Sign (sk}, ((pk;, m* )[1 £]5C; Ts, pks|g, pk3>)).
— Return (M>*(m), (¢, s, (Pk;, 0])ie1..0))-

Construction 2: Construction of a non-accountable invisible SS’

SksF:Z? pksam 9 Skfasna pks|g7 I k kaS
=({1345{5)) M7 =({(1,B), 3 E), (4 R)}L{()})
Signer Input Sanitizer Input Verifier Input
; Al S (o™ m/ Output: d € {0,1
Signer Qutput: o | Sanitizer Output: (07>, m’) | Verifier Pt {01}

Fig. 22: Example workflow of a PS. The message m is set to (H, E, L, L,O) and is modified to (B, E, E, R).

5.1 Framework

For the framework, we use the following notation. The variable APS is a list containing the set of indices of
the editable blocks, as well as the blocks which can be redacted. For example, let APS = ({1,2},{4}). Then,
the first and second block are editable, while only the fourth block can be redacted. The variable MP° is a
list containing a set of pairs (i, m") for those blocks that are modified, meaning that m’ is replaced by m®
and a set of indices to be redacted. In more detail, if MPS = ({(1,0), (2,0}, {3}) means that the first two
blocks are altered to contain a b, while the third block is redacted.

We use the shorthand notation m’/ <— MP>(m) to denote the result of this replacement, while MP> <
(m, APS) means that MP® is a valid modification instruction w.r.t. m and APS. Likewise, we use AP < m to
denote that APS is valid description of the admissible blocks w.r.t. m.

An example workflow is depicted in Figure 22 and Figure 23. To ease understanding and the description
of our construction, we define that the replacements are done first and the redactions afterwards.

Definition 23 (Protean Signatures). A protean signature scheme PS consists of the following eight PPT
algorithms (PPGen™> KGE KGES,, Sign™®, VerifyP> Edit™, Proof™®, Judge™) such that:

PPGen>. The algorithm PPGen"> generates the public parameters:

ppps < PPGen"S(1%)




SkZ§» pksana ) P57 {(mi’O_fS)} pks|g7 pksan’ ) UPS
Proof-Generation Input Judge Input
- Output: 77> Output: d € {Sig®®,San**, 1}
Signer { Judge

Fig. 23: Proof-generation and Judge™

We assume that pppg s tmplicitly input to all other algorithms.

G_Eg The algorithm KGSlg generates the key pair of the signer:

( k5|g7 szg) r KGS;(PPPS)

KGPS . The algorithm KG2> generates the key pair of the sanitizer:
PS PS
( ksan’ pksan) o KGsan(ppPS)
SignP>. The algorithm Sign™> generates a signature oF5 on input of the public key pkfasn, AP 4 message m,
and skf,g
P - P P P
o™ ., Sign” (sks,g,pksai,m AP®)
It is assumed that APS can be derived from any verifying signature o3, if sk;,sr’1 18 known.

VerifyPS. The algorithm VerifyPS verifies a signature o©°, i.e., outputs a decision d € {0,1} w.r.t. pksan, pk

and a message m:

sig’

d + Verify™> (pkEz, pkim, m, 07°)
EditPS. The algorithm Edit™ generates a sanitized signature o7 and updated AP, given inputs skl;sn, APS,
a message m, a signature o, and pk';g

(m/, o™, APS") . EditPS(skP> | pkzg,a m, MP®)

ProofPS. The algorithm ProofPS outputs a proof ©F° on input m, o S, skBS. pkPS and a set of polynomially

' sig
many additional signature/message pairs {(aF>, m")}. The pmof 7P° is used by the next algorithm to
pinpoint the accountable party for a given signature:

san’

ﬂ-PS o PrOOfPS(Skzg) pksanv ) PS? {(Ufs7 ml)})

JudgePS. The algorithm JudgePS outputs a decision d € {Sigps, San®s, 1} indicating whether the message/signature
pair has been created by the signer, or the sanitizer:

d + Judge™® (pkGs, pkim, m, 07>, 77°)

5.2 PSs Security Definitions

We now introduce the security properties for PSs. Clearly, the goals are similar to the ones for SSs and RSs.
However, due to the extended capabilities, the semantic is quite different, while we need to take extra care
for changed indices after redactions.



Unforgeability
EXp 4 ps (N

pppS —r PPGenPS(l)‘)
( ksng7 pkpgs) r KGslg(ppPS)

(Sksana san) r KGsan(ppPS)

PSx Sign”S skPS oyye),EditPS (skPS L. L) ProofPS (skPS ... - PS
(m 9 ) A san e ( k5|g’ pksan)

Vi€ [1.q), let (pkEn i, ms, AF®) and of
index the querles/answers to/from Sign™®
Vi € [1 q] let (pkslg jy My, 0 557Mj) and ( ;7 ;S/ APS/)
index the queries / answers to/from Edit™
return 1, if VerlfyPS( kSIg, pkPS m* o) =1 A

Vi € [1..q} pksan, ,UPS*) #+ (pksaml,ml,gfs) A

Vj € [1.¢] : (pkig, m™, ™) # (pkE5 5, m), 0F>)
return 0

Fig. 24: PS Unforgeability

Explj"l’n;tétability()\)
PPps ¢+ PPGen">(1%)

(Skf.; Pkf.:) —r KGsng(PpPs)
PS* kPS ) ASIgnP (skSIg7 ) ProofPS(skﬁgm.’.’A ( kPS)

(m*, o san sig
Vi € [1..q] let (pksan,“mz,Afs)

index the queries to Sign™
return 1, if Verlfyps(pksIg7 kaS* o) =1A

san ? 7U

Vi € [1q] ( kfasn>|< 7é pksana
m* ¢ {M(m;) | M with M < (m;, AT®)})
return 0

Fig. 25: PS Immutability

Unforgeability. This definition requires that an adversary A not having any secret keys is not able to
produce any valid signature oF5* on a message m* which it has never not seen, even if A has full oracle
access, i.e., this captures “strong unforgeability” [46].

Definition 24 (Unforgeability). A PS is unforgeable, if for any PPT adversary A there exists a negligible
function v such that N
PrExpl " () = 1 < v(V),

where the corresponding experiment is defined in Figure 24.

Immutability. This definition prohibits that an adversary A can generate a verifying signature o">* for a

message m* not derivable from the signatures given by an honest signer, even if it can generate the sanitizer’s
key pair.

Definition 25 (Immutability). A PS is immutable, if for any PPT adversary A there exists a negligible
function v such that N
Pr[Exp/{pe ™™ (\) = 1] < v()),

where the corresponding experiment is defined in Figure 25.



Privac
EXpA,PSy()‘)
PPps < PPGen™> (1)
(skgg, PKE) -+ KGZ (ppps)
(skéam, Pkén) =+ KGEh (PPps)

san

b+ {0,1}
a <+ ASig"PS(SkEE"v'v')vEditPS@kffn»'m‘*‘> (pkPS, pkPS)
T AProofPS (skPS - - -, ),LoREAIE(-, - skPS skPS 1) \PXsig» PKsan
sig sig 2> san

where LoREdit(mo, m1, MbS, MES, ABS APS skBS skPS,, b)

of® <, Sign"*(skiz, pkEy, ms, AFS) for i € {0,1}
(m}, of> APSY . Edit™S(skb, pk=3, my, oF® ME®) for i € {0,1}
return L, if my #mj v AFY £ AP

return (m}, ob>’, AP

return 1, ifa = b
return 0

Fig. 26: PS Privacy

Privacy. This definition prohibits that an adversary A can learn anything about edited (redacted or sani-
tized) parts.

Definition 26 (Privacy). A PS is private, if for any PPT adversary A there exists a negligible function v
such that

Pr[Exp!TRu=1 ()] — 1/2] < v()),

where the corresponding experiment is defined in Figure 26.

Transparency. This definition requires that an adversary A does not learn whether a signature o> was

generated through Sign™> or Edit">.

Definition 27 (Transparency). A PS is transparent, if for any PPT adversary A there exists a negligible
function v such that

Pr(Exp peP™ " (V)] - 1/2] < v()),

where the corresponding experiment is defined in Figure 27.

Signer-Accountability. Signer-accountability prohibits that an adversary can generate a bogus proof that
makes Judge”™ decide that the sanitizer is responsible for a given signature/message pair (m*,o">*), but the
sanitizer has never generated this pair. This is even true, if the adversary can generate the signer’s key pair.

Definition 28 (Signer-Accountability). A PS is signer-accountable, if for any PPT adversary A there
exists a negligible function v such that

PI‘[EXpi{ﬁ?;COUhtability(/\) _ 1] < V()\) 7

where the corresponding experiment is defined in Figure 28.



Expjag;parency(A)
PPps r PPGenPS(l’\)
(Skzgv Pgs) r KGslg(ppPS)
(Sksasm pksan) —r KGEaSn(ppPS)
b+ {0,1}
Q0

Slgnps(skzé7 )y EdltPS(sk
a<—r

Proofps/(skpg,~, 1+ ),Sign/Edit(-,-,-,skPS skPS b (pks'g’ pksan)

sig’ san’

where Proof”(skf2,m, 0™, {(mi,0f°) | i € N}):

return L, if pkP>’ = kspasn A ((m,o™) e Q v 9n{(mi,of*)} #0)
return ProofPS(skSF:Z,pkfasn’,m oS {(mi,of®)})
where Sign/Edit(m, M, APS, kf.; kfasna b):
PS . SignPS(skf,E7 pkPS m, AP%)
(m/,JPS/,APS/) Y EdItPS( kspasm kzg’ PS7MPS)
if b=1:
o™ <, SignPS(skEs, pkls, m’, APS)
£ 0P £ 1 set Q « QU {(m', 0"}
return (m/,o">’)
return 1, if a = b

return 0

)

Fig. 27: PS Transparency

Ex pig/;;countability()\)
PPps <r PPGe”PS( )
sany PRsan r san PS
(skesn, Phign) <=7 KGen(ppps)
(kaDIZ*77TPS*7m O,PS*) —, AEdIt (SKeansws7s7s") (pksan)
Vi € [1..q], let (mi, 07>, A™}) and (my, M{?, 07, phig i)
index the answers/ querles from/ to Edit™
return 1, if VerifyPS(pkzg*7 pkPS m PS*) =1A
Vi e [1 q] ( 5|g 7m UPS*) 75 (pk5|g 71,m1,0’f5/) A
JudgePS(pk§:*7pksan,m oS ) = SanP®
return 0

Fig. 28: PS Signer-Accountability

Sanitizer- A ccountability. Sanitizer-accountability prohibits that an adversary can generate a bogus sig-
nature/message pair (m*,c">*) that makes Proof>° output an honestly generated proof 775 which points to
the signer, but (m*,6"”>*) has never been generated by the signer. This is even true, if the adversary can
generate the sanitizer’s key pair.

Definition 29 (Sanitizer-Accountability). A PS is sanitizer-accountable, if for any PPT adversary A
there exists a negligible function v such that

Pr[Expia’r;éccountability()\) _ 1] < l/()\) :

where the corresponding experiment is defined in Figure 29.



SanAccountability
Expps (/\)

ppPS < PPGen™(1 >‘)
( k5|g7 PkZZ) —r KGsng(ppPS)
(m*, aP5*, pkPS ) ., ASE (K >PrOOfPS(SkSIE*"""‘)(kaTS)
Vi € [1..q], let (pk%3 ; my, APS) and of®
index the querles/ answers to/from Sign"®
S ., Proof™ (skeg, pkP> *, m*, 67>*, {(ms,0F°) | 0 < i < q})
return 1, if VerlfyPS(pks,g, kaPaSn*, oY =1A
Vi€ [1g): (pkES™, m*, 07" # (PkES, 5y, aFS) A
Judgeps(pksé, pksaSn:x«7 m*’ O'PS*, PS ) SigPS
return 0

Fig. 29: PS Sanitizer-Accountability

Explips (V)
ppps <+ PPGen™S(1 A)

(Skzgv P%) r KGSIg(ppPS)
(Sksana pksPan) < KGsan(ppPS)
b+, {0,1}
Q« 0
a <, AEd.cPS’(skfaSn,-, 1150),Proof S (kB2 - ),LoRADM(skES -+, (pks,g, pksan)
where LoRADM(sksig, pkP>’ m, A5S, ATS b):
return L, if AFS £ m A APS 4m
return 1, if pksan ;é pkl>/ A AR £ AT
>« Sign” ( skig, pkin’,m, AD®)
i Pkffn’ pkem,
Q «— QU {(m,o"™ (AP 1N A1, A5 .20 A .2))}
return o"°
where Edit™ (pkE3’, skES, o™ m, MPS):

return L, if kagS' = kaS A H(m o™ A) € Q: MP® £ (m,A)
(', 0™, APS") e, Edit? (pkPS skES, 1m, MPS, oPS)
if pkPS’ = pkPS A 3(m, 05, APS') € Q : MIPS < (m, APS'),

sig

Q — QU {(m O_PS/ APSN)}
return (m/, o">’)
return 1, if a =b
return 0

Fig. 30: PS Invisibility

5.3 (Full) Invisibility

Invisibility prohibits that an outsider can decide which blocks can be edited and also which blocks can be
redacted. Note, the signing oracle can be simulated by using the same AP® in the LoORADM oracle. Moreover,
as done for SSs (See Section 2), we define a slightly stronger variant than defined by Krenn et al. [4]: the
adversary A can now query arbitrary signature to the LORADM-oracle.

Definition 30 (Invisibility). A PS is (fully) invisible, if for any PPT adversary A there exists a negligible

function v such that
Pr[ExpLR:'F',séb'l'ty(/\)] —1/2| <v(N),



where the corresponding experiment is defined in Figure 30.

On a formal level, the main difference to the invisibility definition of Krenn et al. [4] is that in their work
the LoORADM-oracle aborts if the indices of the redactable blocks specified by A} and ATS are not the same,
ie., if A(F)’S.Q #* A1PS.2, in order to avoid trivial distinguishers based on the redactable blocks; by removing
this condition in our definition, it is now guaranteed that also the redactable blocks remain hidden from an
outsider, thereby formalizing our ambition that an outsider should neither be able to decide which parts of
a message are editable nor which parts are redactable.

5.4 Construction

We now present our construction of a PS. It is essentially the same as given by Krenn et al. [4], but with
some minor, yet very important, quirks.
The basic idea is to combine RSs and SSs by bridging them using unique tags. In more detail, each block
m! € m is signed using an invisible non-accountable SS’, while an additional (non-admissible) tag 7 is used
to identify the “overall” message m the block m belongs to. Moreover, each block m/? is also assigned a (non-
admissible) additional tag 7;, along with all public keys used by an invisible RS to allow for redactions. Thus,
there are 4, 0 S, where each signature protects (m?, 7, 7;, p kSlg7 pkspasn) If a block m; is sanitizable, it is marked
as admissible Wlthm AZ.SS. This allows to sanitize the block m’. Then, each tag 7; is put into an RS to allow
for transparent redactions, additionally bound to the non-redactable “overall” tag 7 and all (non- redactable)
public keys. If a block m’ is non-redactable, this is marked in ARS. Thus, oR® protects (T1y .oy Te,,, Ty ka,g,
kfasn) Finally, to achieve accountability, all tags, all signatures generated so far, the resultlng values are
signed again using an additional, non-invisible but accountable, SS, while in this outer SS everything, but the
public keys and the tag 7 are admissible. To maintain transparency, the overall message m is a single block
in the outer SS.

In more detail, the outer signature O'O protects (m, oRS

SS) kPS

, (T, 0322)4, T, pks,g,p <an)- Thus, changing the
message or any signature requires changing a S. implying accountability. Upon sanitization of a block m?,
SS is sanitized, while the outer signature USS needs to be adjusted as well. For redaction of a block m?, o®° is
adJusted and the corresponding signature is no longer given out. This also means that a(S)S must be adjusted.
The resulting construction is depicted in Construction 3. To give a graphical overview of the construction
idea, see Figure 31 (before editing) and Figure 32 (after editing). Moreover, we do not consider unlinka-
bility [33], as it seems to be very hard to achieve with the underlying construction paradigm, especially
considering that at the time of writing this paper no SSs which are unlinkable and invisible at the same time
were known yet. Note that in a parallel work, Bultel et al. [57] presented such a scheme; however, it seems
hard to combine their scheme with our construction paradigm.

— —
(i 73, 73,7, RS, pKES) ((m1m2, m3), 0, (11,72, 75,0, 055, 055), 7, PkLg, PES)
oS s
(1,7, 71, pkES, pkS) (m?, 7, 72, PKES, PES,) (%, 7, 75, pKEg, PRES)
o3® 03° o3

Fig.31: Our main construction idea. Let APS = ({2},{3}) and m = (m',m2,m3) for preciseness, i.e., only
the second block of m is sanitizable, while only the last block of m is redactable. Redactable elements for the
RS (or sanitizable for the SS) are marked with a tilde, i.e., ~. Blocks which are not redactable (or sanitizable
resp.) are marked with a hat, i.e., ™.



P—— —
PSS SS S KPS
(A, 72, 7, pks\g7pksan) ((m*,m?"), R (11, 72,0%°,05%),7, pkslgﬂpksan)
O_RS/ G'(S)SI
=~ I pS =~ - pS
(ml,7, Tlvpks|g7pksan) (m?,7 Tz,pks.ypksan)
U%S USS/

Fig. 32: State after sanitization. Here, block m3 was redacted and m? was changed to m?’. Block m' must
stay the same.

PPGenPS(1*). Let ppsg ¢ SS.PPGen(1*), ppss’ <+ SS’.PPGen>3(1*), and pprg 7 PPGenRS(11).
Return ppps = (pPPss; PPss’s PPRs)-

KGES (ppps). Let (sk3z, pkas) <=+ SS.KGZ2 (pPss), (skaa’, pkaa’) <=+ SS'.KGZ3 (ppss’), and (skB3, pkf2) <= KGE2 (ppgs)-

sig? Sig sig sig 7 SIg
PS PS SS SS RS SS SS RS
Return (Sks|g7 pkslg) ((Sks|g7 Skslg” 5k5|g) (pks|g7 pkslg/’ pk5|g))'

KGsan(ppPS) Let (Skiz pksan) (;ST SSSSK’GsSanR(SppSS SgSksSaSn/7 gasn/ H Ss’. KGSSaSn(ppSS) and (Skgasm san) “r KGsan(ppRS)
Return (Sksan7 pksan) - (( ksan’ ksan ’Sksan kSan7 pksan 7pk§an )
Sign” ( kSlg7 pkfasn, ,APS). The algorithm proceeds as follows:
— If APS <m = (m!',m2,...,m’) does not hold, return L, otherwise parse APS = (ATS,ASS).
— Draw 7 < {0,1}}.
— For all i € [L..4n], let 055 < SS’.Sign®3(sk33/, pk3 , (m?, T, 74, kaIg, Pk ), AS 55), where each 7; —r {0, 1}*. Furthermore, if i € AfS

sig ?
let ASS = ({1},5) and A$S = (0, 5) otherwise.
— Let oS HT Sign ( kslg’ pkfasn7 ! ARS), where ARS = APS and the message m’ = (71,...,7¢, T, pkzg, pkfasn)

— Generate 05° < SS. Slgnss(sks|g7 S (m, RS, (75, 039)1<i<t,, » T pks|g7 pkPS ), A3S), where A3 = ({1,2,3},6).
— Return ((a- )OSZSZWUJ Ty (Ti)1<i<tom )-
VerlfyPS(kaIg, pksan, PS) If Verlfyss(kaIg, pksan, (m,JRS,T (7‘1,0' )1<l<gm, kaIg, pkSan ,UO ) = 0, return 0. If VerlfyRS(kaIg, (T15.--,7Te,
T, kaIg7 pksan) RS) =0, return 0. If for any ¢ € [1..4,,] : SS’.VerlfySS(kaSiZ’7 pksan, (m?, 7,7, kaIg7 pksan) SS) =0, return 0. Return 1.
Edit"> (skim, pkis, o
- If Ver|fyPS(ka|g, pkl> m, oPS) = 0, return L, otherwise parse MPS = (MFS, M5%) and continue

— For all (i,m¥) € MS, let (m%,09%) +, SS'.Sanit>(s kfasn’,pkfé,(m T, n,kaIg,pkEaS;,) ,{(0,m*)}). Return L if 035 = L,
SS/

,m MPS). The algorithm proceeds as follows:

otherwise set 0’ S« o3
— Generate (JRS’ . )<— RedRS(pksg,
— Let (m},0%%)) < SS.Sanit>S(s ksan,pkSS

sig?
It 0556 = 1, return L.
— Update APS to APS’ by removing all indices in M and adjusting the remaining indices by reducing each i in APS by {j € Mgs :

m'’, oRS MBS, REDRS), where m/ = (71, ... Tg,T kaIg,pksan) If RS = 1 return L.
(m, 0%, (71, 05%)se1..17, 7, PREg, PRE), 08, {(1, ), (2,07%), (3, (73,055 i1 naes)D)-

J <.
— Return (MPS(m)7 ((O—iss)zg[ ]\MF’S? oS /7T7 (Ti)ie[l []\Mps)vAPSl)'
Proofps(skSlg7 pkPS 'm, oPS ,{(oP5,m")}). If for any (oF> ml) Vem’yps(pksIg7 pksan,m“UPS) =0, return L. IfVern‘yPS(pksIg7 pkPS m,oPS) =0,
return L. Return SS. Proofss(skgz7 pkS> . m/, 055, {( i ,m})}), where m’ = (m, oRS s (Ti)1<i<tn, > T kag7 pkPS) and each m} = (mi,o§s,

(T 1< <tum, » Tis Pk, Pkéan)-

JudgeP (kaIg, pkP> m, oPS, 7PS). 1f Verlfyps(kaIg, pkP> m, oPS) = 0, return L. Return SS. Judgess(pksg, pkSS  m/, 055, 7PS)

oRS

, where m’ = (m,

(Tl)1<l<[m T pks:gv pksan)

Construction 3: Our fully invisible PS scheme

The proof of the following Theorem is found in Appendix C.

Theorem 3. IfSS is unforgeable, immutable, private, transparent, signer-accountable, and sanitizer-accountable,
RS is correct, unforgeable, immutable, private, transparent, and invisible, while SS’ is unforgeable, immutable,
private, transparent, and invisible, then the construction of a PS, given in Construction 3, is correct, unforge-
able, private, transparent, immutable, signer-accountable, sanitizer-accountable, and (fully) invisible.

Implementation. To show that the construction really is practical, we provide an evaluation of our im-
plementation. To maintain comparability with existing measurements [4], we have chosen to use the same



parameters (as far as possible). Namely, our implementation is done in Java 10 and measured on an Intel
i5-2400@3.10GHz with 16GiB of RAM. As the (aggregate) signature scheme, we implemented BGLS [9], while
for IT we chose CS-encryption [48]. As the underlying groups we chose IAIK’s ECCelerate pairings library.
In particular, the underlying pairing curves are “SNARK_2” (II uses only the first group). As the outer SS,
we use the construction given by Gong et al. [30], but altered using the results given by Krenn et al. [58] and
Beck et al. [43] to meet the stronger security definitions. Namely, we use the unique chameleon-hash [59] by
Krenn et al. [58], with 2’048 Bit moduli, also hash the nonce, encrypt the original signature to the signer,
and use unique signatures as done by Beck et al. [43], to achieve the stronger unforgeability, privacy and
accountability definitions (but invisibility).

We did not implement any particular optimizations with the following exceptions: BGLS signatures allow
a significant performance gain at verification, if the aggregate contains many signatures signed under the same
public key [9]. As this is the case for the used RS, we chose to implement this optimization. An additional
optimization we have implemented is that the signatures aiss for the invisible SS’ are signed again using
the outer SS, and thus are not required to be unique in this context — and can be replaced by standard
unforgeable signatures.

As Krenn et al. [4], we evaluated our implementation with 32 blocks, whereas 25% were marked as
admissible, and an additional 25% as redactable. For editing, 50% of the admissible blocks were sanitized
and redacted. We omit proof generation and the judge, as they are simple database look-ups, and parameter
generation as it is a one-time setup. The overall results are depicted in Figure 33a, Figure 33b, and Table 33c.
They are based on 1’000 runs, while verification was measured after sanitization. Note, however, that we have
measured Edit”> without verifying each signature to see the actual runtime of the editing part, and not the
verification one.

T
. & | | KGE | KGE,, [[Sign™[Edit™> | Verify™®
N — % Min:|| 4 | 50 | 875 | 354 | 347
s °® | 1 g & | [25th PCTL:|[ 4 | 128 || 902 | 369 | 359
] @Q&% | 1 E & Median:|[| 4 [ 191 || 917 | 385 | 367
ERNE ER | [75th PCTL:|| 4 | 274 || 939 | 422 | 380
SN o B 1R O | [90th PCTL:|| 5 | 365 || 972 | 499 | 400
& . %Q@‘O B | [95th PCTL:|| 5 | 425 || 991 | 571 | 412
Py | % Max.: 5 482 1’057 | 828 454
PS PS
KGsig KGaan T Average:|| 4 | 211 || 925 | 416 | 372
Algorithms Sign Edit™  Verify SD:|[0.40 |103.51|| 34.07 | 75.79 | 18.99
Algorith . . .
(a) Box-plots of the run-times in sorthims (c) Percentiles for our implementation in ms
ms (b) Box-plots of the run-times in ms

Fig. 33: Performance Evaluation Results

As it can easily be seen, even our not entirely optimized implementation is significantly faster than the
original construction, and even offers stronger security guarantees; for comparison, in [4], signing, editing,
and verification take about 28s, 8s, and 5s on average, respectively. Interestingly enough, our construction is
even faster than the invisible SS introduced by Beck et al. [43], while, as already clarified by Krenn et al. [4],
a PS can simply mimic a SS by prohibiting redactions.

6 Conclusion

We have strengthened the state-of-the-art definition of invisibility for Protean Signatures (PS) to also account
for the redactable parts. In particular, using our new notion an outsider can neither decide which parts are



redactable nor which parts are editable. To achieve this, we introduced the new notions of invisible redactable
signatures (RS), non-accountable invisible sanitizable signature schemes (SS), and a novel framework for ag-
gregate signatures which explicitly allow for de-aggregation of signatures. Using those primitives, our resulting
provably secure construction becomes practically efficient, proven by our prototypical implementation.
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Proof of Theorem 1

We now provide the proof of security for Construction 1.

Proof. Correctness follows from inspection. Each security property is proven on its own. However, we already
keep all queries and answers to and from the oracle. This does not change the view of the adversary.



Unforgeability. To prove that our scheme is unforgeable, we use a sequence of games:

Game 0: The original unforgeability game.
Game 1: We now abort, if we draw a tag twice.
Transition - Game 0 — Game 1: Due to the birthday paradox, this can only happen with negligible proba-

bility. | Pr[Sp] — Pr[Si]| < g—§ follows, where g is the number of tags drawn. Note, this also means that

i

Game 2: We now abort, if the adversary was able to generate a signature for pk
not signed by the signer.

Transition - Game 1 — Game 2: In this case, A returns (m*, (04, ¢, pky', (Ti)ic[0..¢)) for which o, contains a
signature not explicitly generated by the signer. We can use this forgery to construct an adversary B which
breaks the unforgeability of the underlying 3. The reduction works as follows. It receives the parameters
and the public pk to forge and directly embeds them into the values given to the adversary A. Queries to the
signing oracle are answered honestly; all inner signatures to be generated are delegated to B’s own oracle
(with the exception of the ephemeral signature, which can generated honestly). Then, as by assumption
0, protects at least one message which was not signed by the signing oracle, B can return ({SU ({pky’, (c,
70, PK, pk?asn, pks'))}, m'™, 04), where S is the set of all messages checked for the underlying aggregate w.r.t.
to pk as derivable from the construction, but a single forged message m’* (which can easily be spotted)
which can be arbitrarily chosen from the set of forged messages. | Pr[Si] — Pr[S2]| < Vaggsig-unf(A) follows,
as, by assumption, at least m/* must be fresh. Note, this also covers the case of changes public keys, tags
and “mix-and-match” attacks by merging multiple signatures, as we already ruled out tag-collisions, while
all public keys are always signed as well, and all signed values are bound to 7.

no message under pks> is signed twice.
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Game 3: We now abort, if the adversary was able to generate a new signature for pky’ for the challenge
pkgsn, which was never generated by the challenger.

Transition - Game 2 — Game 3: In this case, A returns (m*, (04, ¢, pks', (Ti)icjo..¢g)) for which o, contains
a signature under pky’ not explicitly generated by the signer. We can use this forgery to construct an
adversary B which breaks the unforgeability of the underlying X'. The reduction works as follows. It
receives the parameters and the public pk to forge and directly embeds them into the values given to the
adversary A. Queries to the signing oracle are answered honestly; all inner signatures to be generated
are delegated to B’s own oracle (with the exception of the ephemeral signature, which can generated
honestly). Then, as by assumption o, protects at least one message which was not signed by the signing
oracle, B can return ({SU({pky.’, (¢, 70, pk, pk™, pkx')) }, m'*, 04), where S is the set of all messages checked
for the underlying aggregate w.r.t. to pk as derivable from the construction, but a single forged message
m’™ (which can easily be spotted) which can be arbitrarily chosen from the set of forged messages.
| Pr[So] —Pr[S3]| < qsVaggsig-unf(A), Where gs is the number of signatures generates, follows, as the reduction
B has to guess where the adversary A forges a signature. Note, this also covers the case of changes public
keys, tags and “mix-and-match” attacks by merging multiple signatures, as we already ruled out tag-
collisions, while all public keys are always signed as well, and all signed values are bound to 7.

Game 3: As Game 2, but we abort, if the adversary was able to redact a non-redactable block.

Transition - Game 2 — Game 3: In this case, the adversary A was able to remove a signature from the
aggregate, which should not be possible. Thus, this means that the adversary A was able to break the
signature scheme. We show this by construction of an adversary I3 which uses A to break the no-extraction
notion of the used Y. The reduction works as follows. It receives the parameters and the public pk to
forge. The public parameters are embedded honestly; all other values are generated as in the prior game.
Next, B draws a random index i <, [1..gs], where g5 is an upper bound on the number of queries to the
signing oracle. Then, every jth query to the signing oracle, where ¢ # j, is answered honestly. On the ith
query, however, B embeds the challenge pk and uses its own signing oracle to generate the signature o..
The other signatures can be generated honestly. Then, as by assumption o, contains a signature on the



string (¢, 19, pksr‘;g, pkfasn7 pky'), B can use to de-aggregate all other signatures from o, to obtain o. using

its honestly generated sksg and return (0,0, (¢, 1o, pksg, pk';i, pky'),0.) as its own forgery. In the case
that pky' # pk, B aborts. Note, we have already ruled out forgeries of never signed messages, while each
messages signed is fresh due to the tags. | Pr[Sa] — Pr[S3]| < Vaggsig-noExt () follows.

Game 4: As Game 3, but we abort, if the adversary was able to generate a new aggregate o, which protects
a set of messages returned by the challenger.

Transition - Game 3 — Game 4: In this case, the adversary A was able to break the uniqueness of the
underlying signature scheme. The reduction works as follows. B receives the public parameters from its
own challenger and embeds them accordingly. All other values are generated honestly and given to the
adversary A. Then, once the adversary A outputs (m*, o®>*), and by assumption, o} was never seen, but
the messages protected by an honestly generated signature o,, B can directly return (S, 0,,07), where S
is the set of public key/messages protected in the aggregate which can be derived as in the construction.
| Pr[Ss] — Pr[S4]| < Vaggsig-unique(A) follows.

Game 5: As Game 4, but we abort, if the adversary was able to exchange a signature on (¢, 79, kaé, pkfasn, pks')
on the aggregate from some already seen aggregate.

Transition - Game 4 — Game 5: If an adversary outputs (m*, o , where o®%* = (g, ¢, pky/, (7i)ic(0..4)
meeting the above winning conditions, we can construct an adversary B which breaks the No-Extraction
property of the underlying X'. It proceeds as follows. It first receives the public parameters. It then queries
its own challenge oracle to obtain a long-term public-key pk. Both are embedded honestly; other values are
generated honestly. For every signing query, B first requests an additional key pk’ if pksasn is the challenge

one. If this is not the case, B generates one honestly. It then proceeds as in the signing algorithm, but

requests a full aggregate on all signatures generated under the keys generated. If pkg,sn is not the challenge

one, all signatures which are related to redacting are queried to the challenge oracle and embedded for the
adversary. If pkgsn is the challenge one, it also gets all signatures, but the one for o9 and o.. For redaction,
if kaR,.:‘S‘n and pkR> are the challenge ones, B requests a complete new aggregate signature on the redacted

sig
message. Then, whenever A outputs ¢R°* meeting the winning requirements, B can simply output (S,04),

where S is as in the verification algorithm. | Pr[Ss] — Pr[S5]| < Vaggsig-noExt(A) follows.
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Now, the adversary can no longer win the unforgeability game. Moreover, each hop changes the view of
the adversary only negligibly, concluding the proof.

Immutability. To prove that our scheme is immutable, we use a sequence of games:

Game 0: The original immutability game.
Game 1: We now abort, if we draw a tag twice.
Transition - Game 0 — Game 1: Due to the birthday paradox, this can only happen with negligible proba-

bility. | Pr[Sp] — Pr[S1]| < ‘21—; follows, where g is the number of key pairs generated. Note, this also means
RS
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Game 2: We now abort, if the adversary was able to generate a signature for pk
not signed by the signer.

Transition - Game 1 — Game 2: In this case, A returns (m*, (o4, ¢, pky’, (Ti)ic[o..q), k") for which o, con-
tains a signature not explicitly generated by the signer. We can use this forgery to construct an adversary
B which breaks the unforgeability of the underlying X'. The reduction works as follows. It receives the
parameters and the public pk to forge and directly embeds them into the values given to the adversary A.
Queries to the signing oracle are answered honestly; all inner signatures to be generated are delegated to
B’s own oracle (with the exception of the ephemeral signature, which can generated honestly). Then, as by
assumption o, protects at least one message which was not signed by the signing oracle, B can return ({SU
({pks’, (¢, 70, pk, pk™, pks)) }, m’™*, 04), where S is the set of all messages checked for the underlying aggre-
gate w.r.t. to pk as derivable from the construction, but a single forged message m’* (which can easily be

that no message under pks> is signed twice.

RS
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spotted) which can be arbitrarily chosen from the set of forged messages. | Pr[S1] — Pr[S2]| < Vaggsig-unf(A)
follows, as, by assumption, at least m’* must be fresh. Note, this also covers the case of changed public keys,
tags and “mix-and-match” attacks by merging multiple signatures, as we already ruled out tag-collisions,
while all public keys are always signed as well, and all signed values are bound to 7g.

Game 3: As Game 2, but we abort, if the adversary was able to redact a non-redactable block.

Transition - Game 2 — Game 3: In this case, the adversary A was able to remove a signature from the
aggregate, which should not be possible. Thus, this means that the adversary .4 was able to break the
signature scheme. We show this by construction of an adversary I3 which uses A to break the no-extraction
notion of the used Y. The reduction works as follows. It receives the parameters and the public pk to
forge and directly embeds them into the values given to the adversary A. Queries to the signing oracle
are answered honestly; all inner signatures to be generated are delegated to B’s own oracle as a bulk
(with the exception of the ephemeral signature, which can generated honestly). Then, as by assumption
04 protects less messages as given as aggregate by the signing oracle, B can return (S, 07,,), where S is the
set of all messages checked for the underlying aggregate w.r.t. to pk as derivable from the construction.
The signature o, can be removed using sky’, generating o/, as we have already ruled out forgeries of never
signed messages, while each messages signed is fresh due to the tags. | Pr[Sa] — Pr[S3]| < Vaggsig-noExt ()
follows.

Now, the adversary can no longer win the immutability game. Moreover, each hop changes the view of the
adversary only negligibly, concluding the proof.

Privacy. To prove that our scheme is private, we use a sequence of games:

Game 0: The original privacy game in the case b = 0.

Game 1: We now switch to b = 1.

Transition - Game 0 — Game 1: As the signatures are distributed exactly the same, our scheme is private
in an information theoretical sense. Thus, | Pr[Sg] — Pr[S1]| = 0 follows.

Transparency. To prove that our scheme is transparent, we use a sequence of games:

Game 0: The original transparency game in the case b = 0.

Game 1: We now switch to b = 1.

Transition - Game 0 — Game 1: As the signatures are distributed exactly the same, our scheme is transpar-
ent in an information theoretical sense. Thus, | Pr[Sp] — Pr[S1]| = 0 follows.

Invisibility. To prove that our scheme is invisible, we use a sequence of games:

Game 0: The original invisibility game.

Game 1: We now abort, if the adversary queries some (6%, m) for the challenge public keys which verifies,
but was never returned by either LoORADM or RedRS’.

Transition - Game 0 — Game 1: Given this adversary A, we can construct an adversary I3 which breaks the
unforgeability of the RS. The reduction works as follows. First, it draws a random bit b <—, {0,1}. Then,
it receives pk%2 and kaS (along with the parameters) and then passes those keys to the adversary. Every

sig san
dRS,

redaction query is done using the Re provided (imposing the limitation the invisibility game gives).

Likewise, queries to LORADM are answered by using the SignRS/ provided, but using A,'fs in the case the
challenge pki,sn is queried. Then, whenever A queries (URS, m) for the challenge pkssasn7 B can simply return
(oRS,m) as its own forgery, as, by assumption, (¢%°,m) was not seen before. Thus, | Pr[Sp] — Pr[S;]| <
Vrss-unf(A) follows.

Game 2: We now start replace each ciphertext generated for the challenge pk

(with the appropriate length).
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Transition - Game 1 — Game 2: Assume that the adversary can distinguish this replacement with a non-
negligible probability. We can then construct a reduction B which uses A to break the IND-CCA2 security
of the underlying encryption scheme. The reduction works via a series of hybrids. Our reduction B proceeds
as follows. It receives pk and (and the corresponding parameters) from its own challenger and embeds them
correctly. All other values are generated as in Game 1. For the first ¢ ciphertexts generated, encrypt a 0. If,
however, the ith ciphertext is generated, B asks its own challenge oracle to either encrypt 0 or the correct
value. The response is embedded to B’s response to A. All following ciphertexts are generated honestly.
Thus, Game 2.0 is the same as Game 1 while in Game 2.1., however, we make the first replacement. Then,
whatever A outputs in Game 2.i is also output by B. Note, decryption queries for ciphertexts generated
by the adversary can be queried to decryption oracle provided; the content for all other ciphertexts are
known and thus the ciphertexts do not need to be decrypted at all. Thus, | Pr[S1] — Pr[S2]| < qVind-cca2(A)
follows, where ¢ is the number of ciphertexts generated.

As now the game is independent of the bit b, invisibility is proven.

B Proof of Theorem 2

We now provide the proof of security for Construction 2.

Proof. Correctness follows from inspection. Each security property is proven on its own. However, we already
keep all queries and answers to and from the oracle. This does not change the view of the adversary.

Unforgeability. To prove that our scheme is unforgeable, we use a sequence of games:

Game 0: The original unforgeability game.
Game 1: We now abort, if we draw an = twice.
Transition - Game 0 — Game 1: Due to the birthday paradox, this can only happen with negligible proba-

bility. | Pr[So] — Pr[S1]| < ;1% follows, where ¢4 is the number of key pairs generated.
SS

Game 2: We now start replace each ciphertext generated for the challenge pkZ;,

(with the appropriate length).

Transition - Game 1 — Game 2: Assume that the adversary can distinguish this replacement with a non-
negligible probability. We can then construct a reduction B which uses A to break the IND-CCA2 security
of the underlying encryption scheme. The reduction works via a series of hybrids. Our reduction B proceeds
as follows. It receives pk and (and the corresponding parameters) from its own challenger and embeds them
correctly. All other values are generated as in Game 1. For the first 7 ciphertexts generated, encrypt a 0. If,
however, the ith ciphertext is generated, B asks its own challenge oracle to either encrypt 0 or the correct
value. The response is embedded to B’s response to A. All following ciphertexts are generated honestly.
Thus, Game 2.0 is the same as Game 1 while in Game 2.1., however, we make the first replacement. Then,
whatever A outputs in Game 2.i is also output by B. Note, decryption queries for ciphertexts generated
by the adversary can be queried to decryption oracle provided; the content for all other ciphertexts are
known and thus the ciphertexts do not need to be decrypted at all. Thus, | Pr[S1] — Pr[S2]| < qVind-ccaz(A)
follows, where ¢ is the number of ciphertexts generated.

Game 3: We now replace all r; with a purely random value 7; <, {0, 1}*.

Transition - Game 2 — Game 3: An adversary distinguishing this replacement can be turned into an adver-
sary against the pseudo-randomness of the PRF. We prove this via a series of hybrids. Let Game 3.0 the
same as Game 2. In Game 3.i B uses its Evalpgg oracle to generate the random coins. All other values are
generated as in prior game. Then, whatever A outputs, is also output by B. | Pr[Sa] — Pr[S3]| < qstprf-pr(A)
follows, where g5 is the number of calls to the signature-generation oracle.

Game 4: We now abort, if we draw some random coins twice.

with an encryption of 0



Transition - Game 3 — Game 4' Due to the birthday paradox, this can only happen with negligible proba-
bility. | Pr[S3] — Pr[S4]| < g5 follows, where g, is the number of key pairs generated.

Game 5: We now abort, if the adversary was able to generate a signature on a string of public keys and
ciphertexts not signed.

Transition - Game 4 — Game 5: In this case, the adversary A was able to generate a signature o, (contained
in 0°°*) on (kaIg, pksan, (Pk;)[1..¢, ¢) which was never generated by the signer. We can use this to construct
a reduction B which forges a signature of the underlying X'. The reduction works as follows. It receives the
pk (and the corresponding parameters) to forge, and embeds it accordingly into the parameters/public key.
Everything else is generated honestly. For every signature generated, B queries its signature-generation
oracle; this signature is then embedded in the response. Finally, once A outputs its forgery, B can return
(0,0, (pkfé, pkfasn, (Pk;)[1..9,€), 05) as its own forgery. | Pr[S4] — Pr[S5]| < vaggsig-unf(A) follows.

Game 6: We now abort, if the adversary was able to generate a new signature o/, on a string of public keys
already signed.

Transition - Game 5 — Game 6: In this case, the adversary A was able to generate a new signature o/,
(contained in ¢>°*) on (ka,g, pkS> | (Pk;)[1..¢1; ¢) which was never generated by the signer, but o5 was. We
can use this to construct a reduction B which breaks the uniqueness of the underlying /. The reduction
works as follows. It receives the corresponding parameters of the X to forge, and embeds it accordingly
into the parameters Everything else is generated honestly. Finally, once A outputs its forgery, B can
return ({(pkslg’ (pkslgv pksan? (pki)[l..€]7c>)}7087 J;) as its own forgery ‘PY[S5] - Pr[SGH < Vaggsig—unique()\>
follows.

Game 7: We now abort, if the adversary was able to generate a new inner signature o} on a string signed
before.

Transition - Game 6 — Game 7: In this case, the adversary A was able to generate a new signature o
(contained in ¢5%*) on on some string ((pk;,m’ )[1 4G5 O, pks,g, pksan) which was signed before, where
o; # o, holds, but o, was signed. We can use this to construct a reduction B which breaks the uniqueness
of the underlying . The reduction works as follows. It receives the corresponding parameters of the X
to forge, and embeds it accordingly into the parameters. Everything else is generated honestly. Finally,
once A outputs its forgery, B can return ({(pk;, ((pk;,m")[1.q, ¢, 0, kaIg, k3> )}, 04, 00) as its own forgery,
where pk; is the corresponding public key. | Pr[Ss] — Pr[S7]| < Vaggsig-unique(A) follows.

Game 8: We now abort, if the adversary outputs a validating (m*, a%% , where 05%* = (c, oy, (pk;, Ti)ic(1..4)
where m* was never returned from any query to the signing or samtlzamon oracle.

Transition - Game 7 — Game 8: In this case, there must be a block m® which was changed, but the adver-
sary never saw a signature for that block. We can use this to break the unforgeability of the underlying
signature scheme. Our reduction B works as follows. Let g5 be an upper bound on the number of signature
key pairs created. First, B randomly selects an index ¢ <—, [1..qs]. It receives the pk (and the corresponding
parameters) to forge. The parameters are embedded honestly. Everything else is generated honestly. Then,
once the ith inner signature is generated, B embeds pk and uses its own signature-generation oracle to
receive the corresponding signature. The result is embedded honestly. The same is true for sanitization: for
every change, B queries the signature-generation oracle to obtain a new signature. As, by assumption, at
least one block must be fresh, but B needs to guess where this happens, | Pr[S7] — Pr[Ss]| < ¢sVaggsig-unf()
follows.

Now, the adversary can no longer win the unforgeability game. Moreover, each hop changes the view of
the adversary only negligibly, concluding the proof.
Immutability. To prove that our scheme is immutable, we use a sequence of games:

Game 0: The original immutability game.
Game 1: We now abort, if an ephemeral public key (for which the corresponding secret keys are not given
to the sanitizer) was drawn twice.



Transition - Game 0 — Game 1: Due to the birthday paradox, this can only happen with negligible proba-

bility. | Pr[So] — Pr[S1]] < g—; follows, where g5 is the number of key pairs generated.

SS% pk3S *), for which the ephemeral

Game 2: We now abort, if the adversary outputs a validating (m*, o
public keys or ¢ have not been signed in that particular order.
Transition - Game 1 — Game 2: In this case, the adversary A was able to generate a signature o, (contained
in 0>°*) on (pkfiz, pk™, (pk;)[1..¢, ¢) which was never generated by the signer. We can use this to construct
a reduction B which forges a signature of the underlying Y. The reduction works as follows. It receives the
pk (and the corresponding parameters) to forge, and embeds it accordingly into the parameters/public key.
Everything else is generated honestly. For every signature generated, B queries its signature-generation
oracle; this signature is then embedded in the response. Finally, once A outputs its forgery, B can return
(0,0, (pkfiz, pk*, (pki>[1“g], c),0,) as its own forgery. | Pr[S1] — Pr[Sa]| < Vaggsig-unf(A) follows.
Game 3: We now abort, if the adversary outputs a validating (m*,o5%* pk2>*), where o
(Pk;, 7i)icp..0)), where m* was never derivable from any query to the signing oracle.
Transition - Game 2 — Game 3: In this case, there must be a block m" which was changed, but the adver-
sary does not have the corresponding secret key. Our reduction B works as follows. Let g5 be an upper
bound on the number of signature key pairs created for which the sanitizer does not receive the secret
key, breaking the unforgeability of the underlying Y. First, B randomly selects an index i <—, [1..gs].
It receives the pk (and the corresponding parameters) to forge. The parameters are embedded honestly.
Everything else is generated honestly. Then, once the ith inner signature, for which the sanitizer does not
receive the secret key, is generated, B embeds pk and uses its own signature-generation oracle to receive
the corresponding signature. The result is embedded honestly. As, by assumption, at least one block must

be fresh, but B needs to guess where this happens, | Pr[Sa] — Pr[S3]| < ¢sVaggsig-unf(A) follows.

SS* (670'5,

Now, the adversary can no longer win the immutability game. Moreover, each hop changes the view of
the adversary only negligibly, concluding the proof.

Privacy. To prove that our scheme is private, we use a sequence of games:

Game 0: The original privacy game in the case b = 0.

Game 1: We now switch to b = 1.

Transition - Game 0 — Game 1: As the signatures are distributed exactly the same, our scheme is private
in an information theoretical sense. Thus, | Pr[Sy] — Pr[Si]| = 0 follows.

Transparency. To prove that our scheme is transparent, we use a sequence of games:

Game 0: The original transparency game in the case b = 0.

Game 1: We now switch to b = 1.

Transition - Game 0 — Game 1: As the signatures are distributed exactly the same, our scheme is transpar-
ent in an information theoretical sense. Thus, | Pr[Sp] — Pr[S1]| = 0 follows.

Invisibility. To prove that our scheme is invisible, we use a sequence of games:

Game 0: The original invisibility game.

Game 1: We now abort, if the adversary queries some (USS, m) for the challenge public keys which verifies,
but was never returned by either LORADM or Sanit>®’.

Transition - Game 0 — Game 1: Given this adversary A, we can construct an adversary B which breaks the
unforgeability of the SS. The reduction works as follows. First, it draws a random bit b <—, {0,1}. Then,

. . SS sS . . .
it receives pksig and pkZ;, and then passes those keys to the adversary. Every redaction query is done using
the Sanit>> provided (imposing the limitation the invisibility game gives). Likewise, queries to LoORADM

are answered by using the SignSS, provided, but using ASS in the case the challenge pkssasn is queried. Then,

whenever A queries (655, m) for the challenge pk3S,, B can simply return (¢5%,m) as its own forgery, as,

by assumption, (o°°,m) was not seen before. Thus, | Pr[Sy] — Pr[S1]| < vess.unf()) follows.



Game 2: We now abort, if we draw an = twice.

Transition - Game 0 — Game 1 Due to the birthday paradox, this can only happen with negligible proba-
bility. | Pr[S1] — Pr[S2]| < qs follows, where g5 is the number of key pairs generated

Game 3: We now start replace each ciphertext generated for the challenge pk3>
(with the appropriate length).

Transition - Game 2 — Game 3: Assume that the adversary can distinguish this replacement with a non-
negligible probability. We can then construct a reduction B which uses A to break the IND-CCA2 security
of the underlying encryption scheme. The reduction works via a series of hybrids. Our reduction B proceeds
as follows. It receives pk and (and the corresponding parameters) from its own challenger and embeds them
correctly. All other values are generated as in Game 2. For the first 7 ciphertexts generated, encrypt a 0. If,
however, the ith ciphertext is generated, B asks its own challenge oracle to either encrypt 0 or the correct
value. The response is embedded to B’s response to A. All following ciphertexts are generated honestly.
Thus, Game 3.0 is the same as Game 2 while in Game 3.1., however, we make the first replacement. Then,
whatever A outputs in Game 3.i is also output by B. Note, decryption queries for ciphertexts generated
by the adversary can be queried to decryption oracle provided; the content for all other ciphertexts are
known and thus the ciphertexts do not need to be decrypted at all. Thus, | Pr[Ss] — Pr[S3]| < qVind-ccaz(A)
follows, where ¢ is the number of ciphertexts generated.

Game 4: We now replace all r; with a purely random value 7; <, {0, 1}*.

Transition - Game 8 — Game 4: An adversary distinguishing this replacement can be turned into an adver-
sary against the pseudorandomness of the PRF. We prove this via a series of hybrids. Let Game 4.0 the
same as Game 3. In Game 4.i B uses its Evalpgg oracle to generate the random coins. All other values are
generated as in prior game. Then, whatever A outputs, is also output by B. | Pr[S3] —Pr[S4]| < q¢sVpri-pr(A)
follows, where ¢s is the number of calls to the signature-generation oracle.

Game 5: We now abort, if we draw an r; twice.

Transition - Game 4 — Game 5 Due to the birthday paradox, this can only happen with negligible proba-
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bility. | Pr[Ss] — Pr[S5]| < qs follows, where ¢ is the number of random coins drawn.

As now the game is independent of the bit b, invisibility is proven.

C Proof of Theorem 3

We now provide the proof of security for Construction 3.

Proof. Correctness follows from inspection. Each security property is proven on its own. However, we already
keep all queries and answers to and from the oracle. This does not change the view of the adversary. We
also directly generate any keys required, but not received by the reduction’s own challenger, honestly, also
embedding them, without mentioning it, to shorten the proof.

Unforgeability. To prove that our scheme is unforgeable, we use a sequence of games:

Game 0: The original unforgeability game.

Game 1: We now abort, if the adversary outputs (m o where 0> = ((09%)o<i<e,,, 0%, ¢, 7, (Ti)1<i<t,, )
where any (m, R ¢, (1;,09%)1<i<0,,, T kaIg,pksan) protected by o5, has never been returned by the
challenger.

Transition - Game 0 — Game 1: Inthis case, (m, o

PS) PS _

RS kPS

; Cy (Tia O-'SS)1<’L<Zm7 T, pks|g7 PKsan
of the outer SS. A reduction is simple. Namely, the reduction B receives the challenge keys pk2>’ and

sig
pk?asn’ from its own challenger, and embeds them into pkSIg and pkSan Every underlying signing and san-

itization request for the SSs is performed by the reduction’s oracles. As, by assumption, the message
protected by 085 must be fresh, it thus breaks the unforgeability of the underlying SS in any case. Thus,
| Pr[So] — Pr[S1]| < vsss.unf(A) follows.

),05°) is a valid forgery



Game 2: We now abort, if the adversary outputs (m, "), where o> = ((69%)o<i<s,,, o™, 7, (Ti)1<i<0,, )
where any ((62%)o<i<s,,, 07>, T, (Ti)1<i<s,, ) Protected by 5> was returned by the challenger, but 5> was
never created by the challenger.

Transition - Game 1 — Game 2: In this case, (((07°)o<i<s,,, 07>, T, (Ti)1<i<t,, ), 05°) is a valid forgery of the
outer SS. The reduction works as in the prior hop. As, by assumption, the message protected by 085 must
be fresh, it thus breaks the unforgeability of the underlying SS in any case. Thus, | Pr[S;] — Pr[Ss]| <
Vsssunf(A) follows.

Now, the adversary can no longer win the unforgeability game, as also each public key is bound to a tag.
Moreover, each hop changes the view of the adversary only negligibly, concluding the proof.

Immutability. To prove that our scheme is immutable, we use a sequence of games:

Game 0: The original immutability game.
Game 1: We now abort, if the challenger draws a tag twice.

Transition - Game 0 — Game 1: The probability that this event happens is bounded by the birthday para-
dox. | Pr[Sp] — Pr[S1]| < ¢?/2* follows, where ¢, is the number of drawn tags.
Game 2: We now abort, if the adversary outputs (m, o7, pkP>), where o> = ((05%)<i<s,,, 0%, 7, (Ti)1<i<e,, ),

but pkSan was never signed by the signing oracle W.r.t. to 7.
Transition - Game 1 — Game 2: This breaks the immutability property of the outer SS. The reduction pro-

ceeds as follows. It receives pkssé’ from its own challenger and embeds it into kaIg

query is performed by the reduction’s own oracles. Then, after A returned (m,o">, pksan) (m/,08°, pksan)
with m/ = (m, o®%, (i, 09°)1<i<e,,, T, ka,g, pkP> ) is a valid forgery. | Pr[S1] — Pr[Ss]| < Vessimm () follows.

PS = ((62%)0<ictn, 07,7, (Ti)1<i<tn )5

Then, every signing

Game 3: We now abort, if the adversary outputs (m, o">, pkspasn), where o
but 7 was never drawn by the challenger.

Transition - Game 2 — Game 3: As 7 is non-admissible, the adversary was able to generate a signature not
derivable, breaking the immutability of the outer SS. The reduction works exactly as in the prior game.
| Pr[S2] — Pr[S3]| < Vess-imm(A) follows.

Game 4: We now abort, if the adversary outputs (m, o">, pksan) where o> = ((Ufs)ogigm, oRS 7, (Ti)1<i<tm ),
but some 7; was never signed by the challenger w.r.t. 7 or the ordering is inconsistent.

Transition - Game 3 — Game 4: As each 7; is signed by the RS, the adversary was able to generate a forgery
of the RS. It receives ka,g from its own challenger and embeds it into pkpg Then, every signing query

is performed by the reduction’s own oracles. Then, ((71,72,..., 7, T, kaIg, pkP>) oRS)
| Pr[S4] — Pr[Ss]| < trss.unf(A) follows.

Game 5: We now abort, if the adversary outputs (m, o">, pksPaSn), where o
but it was able to redact a block not marked as redactable.

Transition - Game 4 — Game 5: Note, we already ruled out tag-collisions, and thus the messages are uniquely
identifiable. The reduction is same as in the prior hop. |Pr[S4] — Pr[S5]| < Vrss.unf(A) follows.

Game 6: We now abort, if the adversary outputs (m, o7, pkP>), where o> = ((09%)<i<s,,, 0%, 7, (Ti)1<i<e,, ),
but it was able to sanitize a block with tag 7; which was not marked as sanitizable.

Transition - Game 5 — Game 6: Note, we already ruled out tag-collisions and thus the messages are uniquely
identifiable. The reduction is same as in Game 3, but the reduction returns ((m?, 7, 7;), 0%, pk2s,). | Pr[S5]—
Pr[Ss]| < Vsss.imm(A) follows.

PS

is a valid forgery.

PS = ((69%)0<i<t,,, 070, 7, (Ti)1<i<t,, )

Now, the adversary can no longer win the immutability game. Moreover, each hop changes the view of the
adversary only negligibly, concluding the proof.

Privacy. To prove that our scheme is private, we use a sequence of games:

Game 0: The original privacy game, where b = 0.



in the inner SSs and adjusting them to (m’, 7, 7;, ka,g, pk

san) san)

Game 1: Instead of signing (m}, 7, 7;, kaIg, pk
sign (m¢, 7,7, ka,g, pksan) and adjust accordingly.

Transition - Game 1 — Game 2: Assume that the adversary can distinguish these two games. We can then
construct a reduction B which uses the adversary A to break the privacy of the underlying SS’. Namely, B
proceeds as follows. It receives pkssé’ and pkssasn’ , and embeds them into pk,Slg and pk;,sn Then, every signing,

editing and proof oracle queries are answered by B’s own oracles. However, for the calls to the LoREdit

oracle, the calls for the SSs are redirected to the LoRSan oracle and the result embedded to the answer.

Clearly, the simulation is perfect. Then, whatever A outputs is also output by B. | Pr[So] —Pr[S1]| < Vess/-priv

follows.
Game 2: Instead of signing (mg, R, (:,07%)1<i<e,,, T ka,g, pkP>) in the outer SSs and adjusting them
to (m/, o™ (1;,09%)1<i<0,,, T, pk'sjig, pkP>)), sign (my, oRS, (1, 0%%)1<i<0,,, T kaIg, pkP>) and adjust. Note,

the distribution of ¢R° and the tags are still exactly the same, even if reused, as the redactions are still
performed as in the case b = 0.

Transition - Game 1 — Game 2: Assume that the adversary can distinguish these two games. We can then
construct a reduction I which uses the adversary A to break the privacy of the underlying SS. Namely, B
proceeds as follows. It receives pkssiz’ and pkfasn’ , and embeds them into kaIg and pkSan Then, every signing,

editing and proof oracle queries are answered by B’s own oracles. However, for the calls to the LoREdit

oracle, the calls for the SSs are redirected to the LoRSan oracle and the result embedded to the answer.

Clearly, the simulation is perfect. Then, whatever A outputs is also output by B. | Pr[S1]—Pr[Ss]| < Vsss-priv

follows.

Game 3: Instead of signing (71, 72,...,7, T, ka|g7 pkszsn) in the RSs from the first message, use the second
message and then redact as required. Note, the distribution of the tags are still exactly the same due to
the uniform distribution.

Transition - Game 2 — Game 3: Assume that the adversary can distinguish these two games. We can then
construct a reduction B which uses the adversary A to break the privacy of the underlying RS. Namely, B
proceeds as follows. It receives kag’ and embeds them into pkzg. Then, every signing query is answered
by B’s own signing oracle. However, for the calls to the LoREdit oracle, the calls for the RSs are redirected
to the LoRRedact oracle and the result embedded to the answer. Clearly, the simulation is perfect. Then,
whatever A outputs is also output by B. Note, here we no longer need REDRS, as this done via the oracles.
| Pr[S1] — Pr[Sa]| < Viss-priv follows.

Now, we are in the case b = 1. As each hop only changes the view of the adversary negligibly, privacy is
proven.

Transparency. To prove that our scheme is transparent, we use a sequence of games:

Game 0: The original transparency game where b = 0.
Game 1: Instead of signing (m;, 7,7, kaIg, pk sig?
pkPS) | directly sign (m},T,7i,p kSIg, pkP>). Again, the distribution of oRS and the tags are still exactly the
same, even if reused, as the redactions are still performed as in the case b = 0. Note, the restrictions on
the proof-oracle are still implicitly enforced.

Transition - Game 1 — Game 2: Assume that the adversary can distinguish these two games. We can then
construct a reduction B which uses the adversary A to break the transparency of the underlying SS.
Namely, B proceeds as follows. It receives pkfé’ and pk?asn’ , and embeds them into pkzg and pkfasn Then,

every signing, editing and proof oracle queries are answered by B’s own oracles. However, for the calls to the

Sign/Edit oracle, the calls for the SSs are redirected to the Sign/Sanit oracle and the result embedded to the

answer. Clearly, the simulation is perfect. Then, whatever A outputs is also output by B. | Pr[S;]|—Pr[Ss]| <

Vsss/-tran follows.

san) in the inner SS’s and adJustlng them to (m/,7,7;, pkbs



Game 2: Instead of signing (m;, 7,7, pkPS ) in the inner SS’s and adJustmg them to (m/, 7,7, pkbS

sig? pksan sig

pksan), directly sign (m/}, 7,7, k5|g7 pkfa%) Again, the distribution of oR° and the tags are still exactly the
same, even if reused, as the redactions are still performed as in the case b = 0. Note, the restrictions on
the proof-oracle are still implicitly enforced.

Transition - Game 1 — Game 2: Assume that the adversary can distinguish these two games. We can then
construct a reduction B which uses the adversary A to break the transparency of the underlying SS.
Namely, B proceeds as follows. It receives pkfé’ and pkfasn’ , and embeds them into pkzg and pkfasn Then,

every signing, editing and proof oracle queries are answered by 3’s own oracles. However, for the calls to the

Sign/Edit oracle, the calls for the SSs are redirected to the Sign/Sanit oracle and the result embedded to the

answer. Clearly, the simulation is perfect. Then, whatever A outputs is also output by B. | Pr[S;]|—Pr[S2]| <

Vsss/-tran follows.

Game 3: Instead of signing (71, 72,...,7, T, kaIg, pk;i) in the RSs from the first message and then redacting
it, directly sign the redacted messages. Note, the distribution of the tags are still exactly the same due to
the uniform distribution.

Transition - Game 2 — Game 3: Assume that the adversary can distinguish these two games. We can then
construct a reduction B which uses the adversary A to break the transparency of the underlying RS.
Namely, B proceeds as follows. It receives pksgl and embeds them into pk':ig. Then, every signing query is

answered by B’s own signing oracle. However, for the calls to the Sign/Edit oracle, the calls for the RSs

are redirected to the Sign/Redact oracle and the result embedded to the answer. Clearly, the simulation
is perfect. Then, whatever A outputs is also output by B. Note, here we no longer need REDR®, as this

done via the oracles and are already replaced with a 0. | Pr[S2] — Pr[S3]| < Vss-tran follows.

Now, we are in the case b = 1. As each hop only changes the view of the adversary negligibly, transparency
is proven.

Signer-Accountability. To prove that our scheme is signer-accountable, we use a sequence of games:

Game 0: The original signer-accountability game.

Game 1: We now abort, if the adversary outputs (pk
RS

PS _ ((U§S>0<Z<€m’ RS’T’

(T, 02 ) 1<i<t > T kaIg, pksan) protected by 05>, has never been returned

S,g,7r ,m, "), where o

(Ti)1<i<e,, ), where any (m, o
by the challenger.

RS

05°) is a valid

Transition - Game 0 — Game 1: In this case, (pk2> (T, 02 1<i<t, 5 T kaIg, pksan)

sigr T

forgery of the outer SS. For the reduction, B receives the challenge keys pkssfn’ from its own challenger,
and embeds them into pkSan Every underlying sanitization request for the SSs is performed by the reduc-
tion’s oracles. As, by assumption, the proof is wrong for a S. it breaks the signer-accountability of the
underlying SS in any case. Thus, | Pr[Sp] — Pr[S1]| < VSSS_S,gaCC()\) follows.

Game 2: (ka,g, S m,o"%), where o5 = ((69%)0<i<s,,, 0%, T, (Ti)1<i<s,,), Where (m,c

T, kaIg, pksan) is not new, but O’SS has never been returned by the challenger.

Transition - Game 1 — Game 2: In this case, (p k?é, PS (m, o™, ¢, (11,09 1<i<0,,, T pks,g, pkP>),05%) is a

valid forgery of the outer SS. The reduction works as in the prior hop. As, by assumption, the proof is
wrong for 035, it breaks the signer-accountability of the underlying SS in any case. Thus, | Pr[S;]—Pr[Ss]| <
Vsss-sigacc () follows.

S (m,o

RS (76, 02%)1<i<tn

Now, the adversary can no longer win the signer-accountability game. Moreover, each hop changes the view
of the adversary only negligibly, concluding the proof.

Sanitizer-Accountability. To prove that our scheme is sanitizer-accountable, we use a sequence of games:

Game 0: The original sanitizer-accountability game.



PS _

Game 1: We now abort, if the adversary outputs (m, oPS, pkP>), Wherea = ((09%)0<i<t,,, 0, 7, (Ti)1<i<t,, )
where any (m,oR>, KPS

(T, 02 1<i<, 5 T pks,g, pkin,), protected by 5°, has never been returned by the chal-
lenger.

Transition - Game 0 — Game 1: Here, ((m,oR®

,(Ti,O'iSS)1<Z<gm,T pks,g, pkPS ), 00 S pk2>) is a valid forgery

of the outer SS. For the reduction, B receives the challenge keys pkgz/ from its own challenger, and

embeds them into pkb>. Every underlying signing and proof-generation request for the SSS is performed

sig*
by the reduction’s oracles. As, by assumption, the signer outputs a wrong proof for 0 S. it breaks the
sanitizer-accountability of the underlying SS in any case. Thus, | Pr[Sp] — Pr[S1]] < Vsss_sanacc(/\) follows.
Game 2: We now abort, if the adversary outputb (m, o3, pkE>)), where o™ = ((67%)0<i<s,,, o°°, 7, (Ti)1<i<e,, ),
RS kPS

where any (m,oR>, (1;,09%)1<i<0,,, T, kSIg, pkE>) is not new, but o3> has never been returned by the chal-

lenger.

Transition - Game 1 — Game 2: Here, ((m,oR>, (7;,09%)1<i<0,,, T ka,g, Pk, 055, pkS> ) is a valid forgery
of the outer SS The reduction works as in the prior hop. As, by assumption, the signer outputs a wrong
proof for 00 , it breaks the sanitizer-accountability of the underlying SS in any case. Thus, |Pr[S] —
Pr[S2]| < vssssanacc(A) follows.

RS

Now, the adversary can no longer win the sanitizer-accountability game. Moreover, each hop changes the
view of the adversary only negligibly, concluding the proof.

Inwvisibility. To prove that our scheme is invisible, we use a sequence of games:

Game 0: The original invisibility game where b = 0.

Game 1: Instead of using Af>.1 use APS.1 as ASS in the SS'.

Transition - Game 0 — Game 1: This does changes the view of the adversary only negligibly due to the
invisibility of the underlying SS’. Namely, assume that an adversary A can distinguish these games with
non-negligible probability. We can then construct an adversary B which breaks the invisibﬂity guarantees
of the used SS'. In particular, B receives pk?iz’ and pk2>/, and embeds them into kaIg and pkP> . For
all oracle queries, B uses its own oracles to answer correctly, but makes block 1 in each underlying
SS admissible or not using its own challenge oracle. Then, whatever A outputs, is also output by B.
| Pr[So] — Pr[S1]| < vess-invis follows.

Game 2: Instead of using AJ®.2 use APS.2 as ARS in the RS.

Transition - Game 1 — Game 2: This does changes the view of the adversary only negligibly due to the
invisibility of the underlying RS. Namely, assume that an adversary A can distinguish these games with
non-negligible probability. We can then construct an adversary B which breaks the invisibility guarantees
of the used RS. In particular, B receives pksg/ and pkii/ , and embeds them into pkzg and kaPaSn For all

oracle queries, B uses its own oracles to answer correctly using its own challenge oracle (the last three

blocks are never redactable). Then, whatever A outputs, is also output by B. | Pr[S1] — Pr[Sa]| < Vres-invis

follows.

Now, we are in the case b = 1. As each hop only changes the view of the adversary negligibly, invisibility is
proven.
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